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Quantum Hall in Bilayer Graphene
N=1 orbitals have mixed cyclotron character

B A

B’ A’
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| 1+i = sin(⇥)|n = 0, A0i+ cos(⇥)|n = 1, Ai
<latexit sha1_base64="x8mG1sEBrc4dCirDpD3DRBM7J4I="></latexit><latexit sha1_base64="x8mG1sEBrc4dCirDpD3DRBM7J4I="></latexit><latexit sha1_base64="x8mG1sEBrc4dCirDpD3DRBM7J4I="></latexit><latexit sha1_base64="x8mG1sEBrc4dCirDpD3DRBM7J4I="></latexit>

| 1�i = sin(⇥)|n = 0, Bi+ cos(⇥)|n = 1, B0i
<latexit sha1_base64="xJWLKBNlcvbR38F5CvzFMRlZ9Hk="></latexit><latexit sha1_base64="xJWLKBNlcvbR38F5CvzFMRlZ9Hk="></latexit><latexit sha1_base64="xJWLKBNlcvbR38F5CvzFMRlZ9Hk="></latexit><latexit sha1_base64="xJWLKBNlcvbR38F5CvzFMRlZ9Hk="></latexit>

At B=40T

sin(⇥)2 ⇠ 0.32
<latexit sha1_base64="SH0RBkXktdiTXfTTYk7N59pTsrk=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6maYqYIui25cVugLOmPJpJk2NMkMSUYoQ934K25cKOLWv3Dn35i2s9DWAxdOzrmX3HvChFGlXffbKqysrq1vFDdLW9s7u3v2/kFLxanEpIljFstOiBRhVJCmppqRTiIJ4iEj7XB0M/XbD0QqGouGHick4GggaEQx0kbq2Ue+oqLiN4ZEo7P7KjRPDl3nvNqzy67jzgCXiZeTMshR79lffj/GKSdCY4aU6npuooMMSU0xI5OSnyqSIDxCA9I1VCBOVJDNLpjAU6P0YRRLU0LDmfp7IkNcqTEPTSdHeqgWvan4n9dNdXQVZFQkqSYCzz+KUgZ1DKdxwD6VBGs2NgRhSc2uEA+RRFib0EomBG/x5GXSqjqe63h3F+XadR5HERyDE1ABHrgENXAL6qAJMHgEz+AVvFlP1ov1bn3MWwtWPnMI/sD6/AG7VJUc</latexit><latexit sha1_base64="SH0RBkXktdiTXfTTYk7N59pTsrk=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6maYqYIui25cVugLOmPJpJk2NMkMSUYoQ934K25cKOLWv3Dn35i2s9DWAxdOzrmX3HvChFGlXffbKqysrq1vFDdLW9s7u3v2/kFLxanEpIljFstOiBRhVJCmppqRTiIJ4iEj7XB0M/XbD0QqGouGHick4GggaEQx0kbq2Ue+oqLiN4ZEo7P7KjRPDl3nvNqzy67jzgCXiZeTMshR79lffj/GKSdCY4aU6npuooMMSU0xI5OSnyqSIDxCA9I1VCBOVJDNLpjAU6P0YRRLU0LDmfp7IkNcqTEPTSdHeqgWvan4n9dNdXQVZFQkqSYCzz+KUgZ1DKdxwD6VBGs2NgRhSc2uEA+RRFib0EomBG/x5GXSqjqe63h3F+XadR5HERyDE1ABHrgENXAL6qAJMHgEz+AVvFlP1ov1bn3MWwtWPnMI/sD6/AG7VJUc</latexit><latexit sha1_base64="SH0RBkXktdiTXfTTYk7N59pTsrk=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6maYqYIui25cVugLOmPJpJk2NMkMSUYoQ934K25cKOLWv3Dn35i2s9DWAxdOzrmX3HvChFGlXffbKqysrq1vFDdLW9s7u3v2/kFLxanEpIljFstOiBRhVJCmppqRTiIJ4iEj7XB0M/XbD0QqGouGHick4GggaEQx0kbq2Ue+oqLiN4ZEo7P7KjRPDl3nvNqzy67jzgCXiZeTMshR79lffj/GKSdCY4aU6npuooMMSU0xI5OSnyqSIDxCA9I1VCBOVJDNLpjAU6P0YRRLU0LDmfp7IkNcqTEPTSdHeqgWvan4n9dNdXQVZFQkqSYCzz+KUgZ1DKdxwD6VBGs2NgRhSc2uEA+RRFib0EomBG/x5GXSqjqe63h3F+XadR5HERyDE1ABHrgENXAL6qAJMHgEz+AVvFlP1ov1bn3MWwtWPnMI/sD6/AG7VJUc</latexit><latexit sha1_base64="SH0RBkXktdiTXfTTYk7N59pTsrk=">AAACAXicbVDLSgMxFM3UV62vUTeCm2AR6maYqYIui25cVugLOmPJpJk2NMkMSUYoQ934K25cKOLWv3Dn35i2s9DWAxdOzrmX3HvChFGlXffbKqysrq1vFDdLW9s7u3v2/kFLxanEpIljFstOiBRhVJCmppqRTiIJ4iEj7XB0M/XbD0QqGouGHick4GggaEQx0kbq2Ue+oqLiN4ZEo7P7KjRPDl3nvNqzy67jzgCXiZeTMshR79lffj/GKSdCY4aU6npuooMMSU0xI5OSnyqSIDxCA9I1VCBOVJDNLpjAU6P0YRRLU0LDmfp7IkNcqTEPTSdHeqgWvan4n9dNdXQVZFQkqSYCzz+KUgZ1DKdxwD6VBGs2NgRhSc2uEA+RRFib0EomBG/x5GXSqjqe63h3F+XadR5HERyDE1ABHrgENXAL6qAJMHgEz+AVvFlP1ov1bn3MWwtWPnMI/sD6/AG7VJUc</latexit>



Ideal platform to realize Moore-
Read to CFL transition

Ideal Hamiltonian has SU(2) symmetry between 

V = P0

X

ij

e2

|ri � rj |
P0

<latexit sha1_base64="0zegTsck0jeLPbxxBhpM9IAf+MA=">AAACFXicbVDLSgMxFM3UV62vUZdugkVwoWWmCLoRim5cVrAPaMchk2batJkHSUYo6fyEG3/FjQtF3Aru/BvT6Sy09UDgcM653NzjxYwKaVnfRmFpeWV1rbhe2tjc2t4xd/eaIko4Jg0csYi3PSQIoyFpSCoZacecoMBjpOWNrqd+64FwQaPwTo5j4gSoH1KfYiS15Jonzcu6q6wUdkUSuIoONfM5worcV1M14S495e5wkmYh1yxbFSsDXCR2TsogR901v7q9CCcBCSVmSIiObcXSUYhLihlJS91EkBjhEeqTjqYhCohwVHZVCo+00oN+xPULJczU3xMKBUKMA08nAyQHYt6biv95nUT6F46iYZxIEuLZIj9hUEZwWhHsUU6wZGNNEOZU/xXiAdKlSF1kSZdgz5+8SJrVim1V7Nuzcu0qr6MIDsAhOAY2OAc1cAPqoAEweATP4BW8GU/Gi/FufMyiBSOf2Qd/YHz+AMbqnzY=</latexit><latexit sha1_base64="0zegTsck0jeLPbxxBhpM9IAf+MA=">AAACFXicbVDLSgMxFM3UV62vUZdugkVwoWWmCLoRim5cVrAPaMchk2batJkHSUYo6fyEG3/FjQtF3Aru/BvT6Sy09UDgcM653NzjxYwKaVnfRmFpeWV1rbhe2tjc2t4xd/eaIko4Jg0csYi3PSQIoyFpSCoZacecoMBjpOWNrqd+64FwQaPwTo5j4gSoH1KfYiS15Jonzcu6q6wUdkUSuIoONfM5worcV1M14S495e5wkmYh1yxbFSsDXCR2TsogR901v7q9CCcBCSVmSIiObcXSUYhLihlJS91EkBjhEeqTjqYhCohwVHZVCo+00oN+xPULJczU3xMKBUKMA08nAyQHYt6biv95nUT6F46iYZxIEuLZIj9hUEZwWhHsUU6wZGNNEOZU/xXiAdKlSF1kSZdgz5+8SJrVim1V7Nuzcu0qr6MIDsAhOAY2OAc1cAPqoAEweATP4BW8GU/Gi/FufMyiBSOf2Qd/YHz+AMbqnzY=</latexit><latexit sha1_base64="0zegTsck0jeLPbxxBhpM9IAf+MA=">AAACFXicbVDLSgMxFM3UV62vUZdugkVwoWWmCLoRim5cVrAPaMchk2batJkHSUYo6fyEG3/FjQtF3Aru/BvT6Sy09UDgcM653NzjxYwKaVnfRmFpeWV1rbhe2tjc2t4xd/eaIko4Jg0csYi3PSQIoyFpSCoZacecoMBjpOWNrqd+64FwQaPwTo5j4gSoH1KfYiS15Jonzcu6q6wUdkUSuIoONfM5worcV1M14S495e5wkmYh1yxbFSsDXCR2TsogR901v7q9CCcBCSVmSIiObcXSUYhLihlJS91EkBjhEeqTjqYhCohwVHZVCo+00oN+xPULJczU3xMKBUKMA08nAyQHYt6biv95nUT6F46iYZxIEuLZIj9hUEZwWhHsUU6wZGNNEOZU/xXiAdKlSF1kSZdgz5+8SJrVim1V7Nuzcu0qr6MIDsAhOAY2OAc1cAPqoAEweATP4BW8GU/Gi/FufMyiBSOf2Qd/YHz+AMbqnzY=</latexit><latexit sha1_base64="0zegTsck0jeLPbxxBhpM9IAf+MA=">AAACFXicbVDLSgMxFM3UV62vUZdugkVwoWWmCLoRim5cVrAPaMchk2batJkHSUYo6fyEG3/FjQtF3Aru/BvT6Sy09UDgcM653NzjxYwKaVnfRmFpeWV1rbhe2tjc2t4xd/eaIko4Jg0csYi3PSQIoyFpSCoZacecoMBjpOWNrqd+64FwQaPwTo5j4gSoH1KfYiS15Jonzcu6q6wUdkUSuIoONfM5worcV1M14S495e5wkmYh1yxbFSsDXCR2TsogR901v7q9CCcBCSVmSIiObcXSUYhLihlJS91EkBjhEeqTjqYhCohwVHZVCo+00oN+xPULJczU3xMKBUKMA08nAyQHYt6biv95nUT6F46iYZxIEuLZIj9hUEZwWhHsUU6wZGNNEOZU/xXiAdKlSF1kSZdgz5+8SJrVim1V7Nuzcu0qr6MIDsAhOAY2OAc1cAPqoAEweATP4BW8GU/Gi/FufMyiBSOf2Qd/YHz+AMbqnzY=</latexit>

| 1�i = sin(⇥)|n = 0, B,�i+ cos(⇥)|n = 1, B0,�i
<latexit sha1_base64="8siwOjIFv+KmTmOZk+MB8Yf3IpI="></latexit><latexit sha1_base64="8siwOjIFv+KmTmOZk+MB8Yf3IpI="></latexit><latexit sha1_base64="8siwOjIFv+KmTmOZk+MB8Yf3IpI="></latexit><latexit sha1_base64="8siwOjIFv+KmTmOZk+MB8Yf3IpI="></latexit>

� = {+,�}
<latexit sha1_base64="TQ+oJs1g8RMXzr87JoNjr4a68f0=">AAAB9XicbVBNSwMxEJ2tX7V+VT16CRZBUMuuCHoRil48VrAf0F1LNs22oUl2SbJKWfo/vHhQxKv/xZv/xrTdg1YfDDzem2FmXphwpo3rfjmFhcWl5ZXiamltfWNzq7y909RxqghtkJjHqh1iTTmTtGGY4bSdKIpFyGkrHF5P/NYDVZrF8s6MEhoI3JcsYgQbK937mvUFvvSzo+MTf9wtV9yqOwX6S7ycVCBHvVv+9HsxSQWVhnCsdcdzExNkWBlGOB2X/FTTBJMh7tOOpRILqoNsevUYHVilh6JY2ZIGTdWfExkWWo9EaDsFNgM9703E/7xOaqKLIGMySQ2VZLYoSjkyMZpEgHpMUWL4yBJMFLO3IjLAChNjgyrZELz5l/+S5mnVc6ve7VmldpXHUYQ92IdD8OAcanADdWgAAQVP8AKvzqPz7Lw577PWgpPP7MIvOB/fkx6R5A==</latexit><latexit sha1_base64="TQ+oJs1g8RMXzr87JoNjr4a68f0=">AAAB9XicbVBNSwMxEJ2tX7V+VT16CRZBUMuuCHoRil48VrAf0F1LNs22oUl2SbJKWfo/vHhQxKv/xZv/xrTdg1YfDDzem2FmXphwpo3rfjmFhcWl5ZXiamltfWNzq7y909RxqghtkJjHqh1iTTmTtGGY4bSdKIpFyGkrHF5P/NYDVZrF8s6MEhoI3JcsYgQbK937mvUFvvSzo+MTf9wtV9yqOwX6S7ycVCBHvVv+9HsxSQWVhnCsdcdzExNkWBlGOB2X/FTTBJMh7tOOpRILqoNsevUYHVilh6JY2ZIGTdWfExkWWo9EaDsFNgM9703E/7xOaqKLIGMySQ2VZLYoSjkyMZpEgHpMUWL4yBJMFLO3IjLAChNjgyrZELz5l/+S5mnVc6ve7VmldpXHUYQ92IdD8OAcanADdWgAAQVP8AKvzqPz7Lw577PWgpPP7MIvOB/fkx6R5A==</latexit><latexit sha1_base64="TQ+oJs1g8RMXzr87JoNjr4a68f0=">AAAB9XicbVBNSwMxEJ2tX7V+VT16CRZBUMuuCHoRil48VrAf0F1LNs22oUl2SbJKWfo/vHhQxKv/xZv/xrTdg1YfDDzem2FmXphwpo3rfjmFhcWl5ZXiamltfWNzq7y909RxqghtkJjHqh1iTTmTtGGY4bSdKIpFyGkrHF5P/NYDVZrF8s6MEhoI3JcsYgQbK937mvUFvvSzo+MTf9wtV9yqOwX6S7ycVCBHvVv+9HsxSQWVhnCsdcdzExNkWBlGOB2X/FTTBJMh7tOOpRILqoNsevUYHVilh6JY2ZIGTdWfExkWWo9EaDsFNgM9703E/7xOaqKLIGMySQ2VZLYoSjkyMZpEgHpMUWL4yBJMFLO3IjLAChNjgyrZELz5l/+S5mnVc6ve7VmldpXHUYQ92IdD8OAcanADdWgAAQVP8AKvzqPz7Lw577PWgpPP7MIvOB/fkx6R5A==</latexit><latexit sha1_base64="TQ+oJs1g8RMXzr87JoNjr4a68f0=">AAAB9XicbVBNSwMxEJ2tX7V+VT16CRZBUMuuCHoRil48VrAf0F1LNs22oUl2SbJKWfo/vHhQxKv/xZv/xrTdg1YfDDzem2FmXphwpo3rfjmFhcWl5ZXiamltfWNzq7y909RxqghtkJjHqh1iTTmTtGGY4bSdKIpFyGkrHF5P/NYDVZrF8s6MEhoI3JcsYgQbK937mvUFvvSzo+MTf9wtV9yqOwX6S7ycVCBHvVv+9HsxSQWVhnCsdcdzExNkWBlGOB2X/FTTBJMh7tOOpRILqoNsevUYHVilh6JY2ZIGTdWfExkWWo9EaDsFNgM9703E/7xOaqKLIGMySQ2VZLYoSjkyMZpEgHpMUWL4yBJMFLO3IjLAChNjgyrZELz5l/+S5mnVc6ve7VmldpXHUYQ92IdD8OAcanADdWgAAQVP8AKvzqPz7Lw577PWgpPP7MIvOB/fkx6R5A==</latexit>

Polarized
Pfaffian

Polarized 
CFL

Un-polarized 
CFL

We find three phases: Stoner transition

Papic et al. PRB 2011
Rezayi and Haldane et al. PRL 2000

Apalkov et al. PRL 2011
Metlitskii et al. PRB 2015

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>

⇠ 0.2
<latexit sha1_base64="LgLcD4PQuxt8lUzLm8BNB18qdRo=">AAAB73icbVBNSwMxEJ31s9avqkcvwSJ4WrJF0GPRi8cK9gPapWTTbBuaZNckK5Slf8KLB0W8+ne8+W9M2z1o64OBx3szzMyLUsGNxfjbW1vf2NzaLu2Ud/f2Dw4rR8ctk2SasiZNRKI7ETFMcMWallvBOqlmREaCtaPx7cxvPzFteKIe7CRloSRDxWNOiXVSp2e4RNiv9StV7OM50CoJClKFAo1+5as3SGgmmbJUEGO6AU5tmBNtORVsWu5lhqWEjsmQdR1VRDIT5vN7p+jcKQMUJ9qVsmiu/p7IiTRmIiPXKYkdmWVvJv7ndTMbX4c5V2lmmaKLRXEmkE3Q7Hk04JpRKyaOEKq5uxXREdGEWhdR2YUQLL+8Slo1P8B+cH9Zrd8UcZTgFM7gAgK4gjrcQQOaQEHAM7zCm/fovXjv3seidc0rZk7gD7zPH8W0jx8=</latexit><latexit sha1_base64="LgLcD4PQuxt8lUzLm8BNB18qdRo=">AAAB73icbVBNSwMxEJ31s9avqkcvwSJ4WrJF0GPRi8cK9gPapWTTbBuaZNckK5Slf8KLB0W8+ne8+W9M2z1o64OBx3szzMyLUsGNxfjbW1vf2NzaLu2Ud/f2Dw4rR8ctk2SasiZNRKI7ETFMcMWallvBOqlmREaCtaPx7cxvPzFteKIe7CRloSRDxWNOiXVSp2e4RNiv9StV7OM50CoJClKFAo1+5as3SGgmmbJUEGO6AU5tmBNtORVsWu5lhqWEjsmQdR1VRDIT5vN7p+jcKQMUJ9qVsmiu/p7IiTRmIiPXKYkdmWVvJv7ndTMbX4c5V2lmmaKLRXEmkE3Q7Hk04JpRKyaOEKq5uxXREdGEWhdR2YUQLL+8Slo1P8B+cH9Zrd8UcZTgFM7gAgK4gjrcQQOaQEHAM7zCm/fovXjv3seidc0rZk7gD7zPH8W0jx8=</latexit><latexit sha1_base64="LgLcD4PQuxt8lUzLm8BNB18qdRo=">AAAB73icbVBNSwMxEJ31s9avqkcvwSJ4WrJF0GPRi8cK9gPapWTTbBuaZNckK5Slf8KLB0W8+ne8+W9M2z1o64OBx3szzMyLUsGNxfjbW1vf2NzaLu2Ud/f2Dw4rR8ctk2SasiZNRKI7ETFMcMWallvBOqlmREaCtaPx7cxvPzFteKIe7CRloSRDxWNOiXVSp2e4RNiv9StV7OM50CoJClKFAo1+5as3SGgmmbJUEGO6AU5tmBNtORVsWu5lhqWEjsmQdR1VRDIT5vN7p+jcKQMUJ9qVsmiu/p7IiTRmIiPXKYkdmWVvJv7ndTMbX4c5V2lmmaKLRXEmkE3Q7Hk04JpRKyaOEKq5uxXREdGEWhdR2YUQLL+8Slo1P8B+cH9Zrd8UcZTgFM7gAgK4gjrcQQOaQEHAM7zCm/fovXjv3seidc0rZk7gD7zPH8W0jx8=</latexit><latexit sha1_base64="LgLcD4PQuxt8lUzLm8BNB18qdRo=">AAAB73icbVBNSwMxEJ31s9avqkcvwSJ4WrJF0GPRi8cK9gPapWTTbBuaZNckK5Slf8KLB0W8+ne8+W9M2z1o64OBx3szzMyLUsGNxfjbW1vf2NzaLu2Ud/f2Dw4rR8ctk2SasiZNRKI7ETFMcMWallvBOqlmREaCtaPx7cxvPzFteKIe7CRloSRDxWNOiXVSp2e4RNiv9StV7OM50CoJClKFAo1+5as3SGgmmbJUEGO6AU5tmBNtORVsWu5lhqWEjsmQdR1VRDIT5vN7p+jcKQMUJ9qVsmiu/p7IiTRmIiPXKYkdmWVvJv7ndTMbX4c5V2lmmaKLRXEmkE3Q7Hk04JpRKyaOEKq5uxXREdGEWhdR2YUQLL+8Slo1P8B+cH9Zrd8UcZTgFM7gAgK4gjrcQQOaQEHAM7zCm/fovXjv3seidc0rZk7gD7zPH8W0jx8=</latexit>

⇠ 0.5
<latexit sha1_base64="L37P3/eqVvMhiQRdZxYPi1w6Ouw=">AAAB73icbVBNSwMxEJ2tX7V+VT16CRbB05IVRY9FLx4r2Fpol5JNs21okl2TrFCW/gkvHhTx6t/x5r8xbfegrQ8GHu/NMDMvSgU3FuNvr7Syura+Ud6sbG3v7O5V9w9aJsk0ZU2aiES3I2KY4Io1LbeCtVPNiIwEe4hGN1P/4YlpwxN1b8cpCyUZKB5zSqyT2l3DJcL+Ra9awz6eAS2ToCA1KNDoVb+6/YRmkilLBTGmE+DUhjnRllPBJpVuZlhK6IgMWMdRRSQzYT67d4JOnNJHcaJdKYtm6u+JnEhjxjJynZLYoVn0puJ/Xiez8VWYc5Vmlik6XxRnAtkETZ9Hfa4ZtWLsCKGau1sRHRJNqHURVVwIweLLy6R15gfYD+7Oa/XrIo4yHMExnEIAl1CHW2hAEygIeIZXePMevRfv3fuYt5a8YuYQ/sD7/AHKQI8i</latexit><latexit sha1_base64="L37P3/eqVvMhiQRdZxYPi1w6Ouw=">AAAB73icbVBNSwMxEJ2tX7V+VT16CRbB05IVRY9FLx4r2Fpol5JNs21okl2TrFCW/gkvHhTx6t/x5r8xbfegrQ8GHu/NMDMvSgU3FuNvr7Syura+Ud6sbG3v7O5V9w9aJsk0ZU2aiES3I2KY4Io1LbeCtVPNiIwEe4hGN1P/4YlpwxN1b8cpCyUZKB5zSqyT2l3DJcL+Ra9awz6eAS2ToCA1KNDoVb+6/YRmkilLBTGmE+DUhjnRllPBJpVuZlhK6IgMWMdRRSQzYT67d4JOnNJHcaJdKYtm6u+JnEhjxjJynZLYoVn0puJ/Xiez8VWYc5Vmlik6XxRnAtkETZ9Hfa4ZtWLsCKGau1sRHRJNqHURVVwIweLLy6R15gfYD+7Oa/XrIo4yHMExnEIAl1CHW2hAEygIeIZXePMevRfv3fuYt5a8YuYQ/sD7/AHKQI8i</latexit><latexit sha1_base64="L37P3/eqVvMhiQRdZxYPi1w6Ouw=">AAAB73icbVBNSwMxEJ2tX7V+VT16CRbB05IVRY9FLx4r2Fpol5JNs21okl2TrFCW/gkvHhTx6t/x5r8xbfegrQ8GHu/NMDMvSgU3FuNvr7Syura+Ud6sbG3v7O5V9w9aJsk0ZU2aiES3I2KY4Io1LbeCtVPNiIwEe4hGN1P/4YlpwxN1b8cpCyUZKB5zSqyT2l3DJcL+Ra9awz6eAS2ToCA1KNDoVb+6/YRmkilLBTGmE+DUhjnRllPBJpVuZlhK6IgMWMdRRSQzYT67d4JOnNJHcaJdKYtm6u+JnEhjxjJynZLYoVn0puJ/Xiez8VWYc5Vmlik6XxRnAtkETZ9Hfa4ZtWLsCKGau1sRHRJNqHURVVwIweLLy6R15gfYD+7Oa/XrIo4yHMExnEIAl1CHW2hAEygIeIZXePMevRfv3fuYt5a8YuYQ/sD7/AHKQI8i</latexit><latexit sha1_base64="L37P3/eqVvMhiQRdZxYPi1w6Ouw=">AAAB73icbVBNSwMxEJ2tX7V+VT16CRbB05IVRY9FLx4r2Fpol5JNs21okl2TrFCW/gkvHhTx6t/x5r8xbfegrQ8GHu/NMDMvSgU3FuNvr7Syura+Ud6sbG3v7O5V9w9aJsk0ZU2aiES3I2KY4Io1LbeCtVPNiIwEe4hGN1P/4YlpwxN1b8cpCyUZKB5zSqyT2l3DJcL+Ra9awz6eAS2ToCA1KNDoVb+6/YRmkilLBTGmE+DUhjnRllPBJpVuZlhK6IgMWMdRRSQzYT67d4JOnNJHcaJdKYtm6u+JnEhjxjJynZLYoVn0puJ/Xiez8VWYc5Vmlik6XxRnAtkETZ9Hfa4ZtWLsCKGau1sRHRJNqHURVVwIweLLy6R15gfYD+7Oa/XrIo4yHMExnEIAl1CHW2hAEygIeIZXePMevRfv3fuYt5a8YuYQ/sD7/AHKQI8i</latexit>



at filling    :

Wave function of Composite 
Fermi Liquid

The key to quantum Hall energetics
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<latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit>

zi
<latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit>

zj
<latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit>

Zero

Particle

How to make particles stay as far way from each other as possible within a Landau level
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<latexit sha1_base64="IVZQbj45NvSe2awA2yDk2JUX91o=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0WogiURQRcKRTcuK9gHNDVMppN22skkzEyENuQf3Pgrblwo4taNO//GaZuFth64cDjnXu69x4sYlcqyvo3cwuLS8kp+tbC2vrG5ZW7v1GUYC0xqOGShaHpIEkY5qSmqGGlGgqDAY6ThDa7HfuOBCElDfqeGEWkHqMupTzFSWnLNI6cq6aUTibDjJvSin8LSyKXHI7d/eJ84vkA4sdPE4XGaumbRKlsTwHliZ6QIMlRd88vphDgOCFeYISlbthWpdoKEopiRtODEkkQID1CXtDTlKCCynUx+SuGBVjrQD4UuruBE/T2RoEDKYeDpzgCpnpz1xuJ/XitW/nk7oTyKFeF4usiPGVQhHAcEO1QQrNhQE4QF1bdC3EM6CKVjLOgQ7NmX50n9pGxbZfv2tFi5yuLIgz2wD0rABmegAm5AFdQABo/gGbyCN+PJeDHejY9pa87IZnbBHxifPy9lnlw=</latexit><latexit sha1_base64="IVZQbj45NvSe2awA2yDk2JUX91o=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0WogiURQRcKRTcuK9gHNDVMppN22skkzEyENuQf3Pgrblwo4taNO//GaZuFth64cDjnXu69x4sYlcqyvo3cwuLS8kp+tbC2vrG5ZW7v1GUYC0xqOGShaHpIEkY5qSmqGGlGgqDAY6ThDa7HfuOBCElDfqeGEWkHqMupTzFSWnLNI6cq6aUTibDjJvSin8LSyKXHI7d/eJ84vkA4sdPE4XGaumbRKlsTwHliZ6QIMlRd88vphDgOCFeYISlbthWpdoKEopiRtODEkkQID1CXtDTlKCCynUx+SuGBVjrQD4UuruBE/T2RoEDKYeDpzgCpnpz1xuJ/XitW/nk7oTyKFeF4usiPGVQhHAcEO1QQrNhQE4QF1bdC3EM6CKVjLOgQ7NmX50n9pGxbZfv2tFi5yuLIgz2wD0rABmegAm5AFdQABo/gGbyCN+PJeDHejY9pa87IZnbBHxifPy9lnlw=</latexit><latexit sha1_base64="IVZQbj45NvSe2awA2yDk2JUX91o=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0WogiURQRcKRTcuK9gHNDVMppN22skkzEyENuQf3Pgrblwo4taNO//GaZuFth64cDjnXu69x4sYlcqyvo3cwuLS8kp+tbC2vrG5ZW7v1GUYC0xqOGShaHpIEkY5qSmqGGlGgqDAY6ThDa7HfuOBCElDfqeGEWkHqMupTzFSWnLNI6cq6aUTibDjJvSin8LSyKXHI7d/eJ84vkA4sdPE4XGaumbRKlsTwHliZ6QIMlRd88vphDgOCFeYISlbthWpdoKEopiRtODEkkQID1CXtDTlKCCynUx+SuGBVjrQD4UuruBE/T2RoEDKYeDpzgCpnpz1xuJ/XitW/nk7oTyKFeF4usiPGVQhHAcEO1QQrNhQE4QF1bdC3EM6CKVjLOgQ7NmX50n9pGxbZfv2tFi5yuLIgz2wD0rABmegAm5AFdQABo/gGbyCN+PJeDHejY9pa87IZnbBHxifPy9lnlw=</latexit><latexit sha1_base64="IVZQbj45NvSe2awA2yDk2JUX91o=">AAACE3icbVDLSsNAFJ3UV62vqEs3g0WogiURQRcKRTcuK9gHNDVMppN22skkzEyENuQf3Pgrblwo4taNO//GaZuFth64cDjnXu69x4sYlcqyvo3cwuLS8kp+tbC2vrG5ZW7v1GUYC0xqOGShaHpIEkY5qSmqGGlGgqDAY6ThDa7HfuOBCElDfqeGEWkHqMupTzFSWnLNI6cq6aUTibDjJvSin8LSyKXHI7d/eJ84vkA4sdPE4XGaumbRKlsTwHliZ6QIMlRd88vphDgOCFeYISlbthWpdoKEopiRtODEkkQID1CXtDTlKCCynUx+SuGBVjrQD4UuruBE/T2RoEDKYeDpzgCpnpz1xuJ/XitW/nk7oTyKFeF4usiPGVQhHAcEO1QQrNhQE4QF1bdC3EM6CKVjLOgQ7NmX50n9pGxbZfv2tFi5yuLIgz2wD0rABmegAm5AFdQABo/gGbyCN+PJeDHejY9pa87IZnbBHxifPy9lnlw=</latexit>

⌫
<latexit sha1_base64="QzPQlzp7LG42rVgcii2BXB1/0uo=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8eK9gPaUDbbTbt0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpoaeyvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W6zdFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AV7jjdc=</latexit><latexit sha1_base64="QzPQlzp7LG42rVgcii2BXB1/0uo=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8eK9gPaUDbbTbt0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpoaeyvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W6zdFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AV7jjdc=</latexit><latexit sha1_base64="QzPQlzp7LG42rVgcii2BXB1/0uo=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8eK9gPaUDbbTbt0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpoaeyvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W6zdFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AV7jjdc=</latexit><latexit sha1_base64="QzPQlzp7LG42rVgcii2BXB1/0uo=">AAAB6nicbVBNS8NAEJ3Ur1q/oh69LBbBU0lE0GPRi8eK9gPaUDbbTbt0swm7E6GE/gQvHhTx6i/y5r9x2+agrQ8GHu/NMDMvTKUw6HnfTmltfWNzq7xd2dnd2z9wD49aJsk0402WyER3Qmq4FIo3UaDknVRzGoeSt8Px7cxvP3FtRKIecZLyIKZDJSLBKFrpoaeyvlv1at4cZJX4BalCgUbf/eoNEpbFXCGT1Jiu76UY5FSjYJJPK73M8JSyMR3yrqWKxtwE+fzUKTmzyoBEibalkMzV3xM5jY2ZxKHtjCmOzLI3E//zuhlG10EuVJohV2yxKMokwYTM/iYDoTlDObGEMi3srYSNqKYMbToVG4K//PIqaV3UfK/m319W6zdFHGU4gVM4Bx+uoA530IAmMBjCM7zCmyOdF+fd+Vi0lpxi5hj+wPn8AV7jjdc=</latexit>

We get the bosonic Laughlin state at

z = x+ iy
<latexit sha1_base64="UIfKiIq72fc7hAsMALLEvd0Y0uY=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSIIQklE0ItQ9OKxgv2ANpTNdtIu3WzC7kaMpT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxLBtXHdb2dpeWV1bb2wUdzc2t7ZLe3tN3ScKoZ1FotYtQKqUXCJdcONwFaikEaBwGYwvJn4zQdUmsfy3mQJ+hHtSx5yRo2Vmk9Xj6ecZN1S2a24U5BF4uWkDDlq3dJXpxezNEJpmKBatz03Mf6IKsOZwHGxk2pMKBvSPrYtlTRC7Y+m547JsVV6JIyVLWnIVP09MaKR1lkU2M6ImoGe9ybif147NeGlP+IySQ1KNlsUpoKYmEx+Jz2ukBmRWUKZ4vZWwgZUUWZsQkUbgjf/8iJpnFU8t+LdnZer13kcBTiEIzgBDy6gCrdQgzowGMIzvMKbkzgvzrvzMWtdcvKZA/gD5/MHqNuPHA==</latexit><latexit sha1_base64="UIfKiIq72fc7hAsMALLEvd0Y0uY=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSIIQklE0ItQ9OKxgv2ANpTNdtIu3WzC7kaMpT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxLBtXHdb2dpeWV1bb2wUdzc2t7ZLe3tN3ScKoZ1FotYtQKqUXCJdcONwFaikEaBwGYwvJn4zQdUmsfy3mQJ+hHtSx5yRo2Vmk9Xj6ecZN1S2a24U5BF4uWkDDlq3dJXpxezNEJpmKBatz03Mf6IKsOZwHGxk2pMKBvSPrYtlTRC7Y+m547JsVV6JIyVLWnIVP09MaKR1lkU2M6ImoGe9ybif147NeGlP+IySQ1KNlsUpoKYmEx+Jz2ukBmRWUKZ4vZWwgZUUWZsQkUbgjf/8iJpnFU8t+LdnZer13kcBTiEIzgBDy6gCrdQgzowGMIzvMKbkzgvzrvzMWtdcvKZA/gD5/MHqNuPHA==</latexit><latexit sha1_base64="UIfKiIq72fc7hAsMALLEvd0Y0uY=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSIIQklE0ItQ9OKxgv2ANpTNdtIu3WzC7kaMpT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxLBtXHdb2dpeWV1bb2wUdzc2t7ZLe3tN3ScKoZ1FotYtQKqUXCJdcONwFaikEaBwGYwvJn4zQdUmsfy3mQJ+hHtSx5yRo2Vmk9Xj6ecZN1S2a24U5BF4uWkDDlq3dJXpxezNEJpmKBatz03Mf6IKsOZwHGxk2pMKBvSPrYtlTRC7Y+m547JsVV6JIyVLWnIVP09MaKR1lkU2M6ImoGe9ybif147NeGlP+IySQ1KNlsUpoKYmEx+Jz2ukBmRWUKZ4vZWwgZUUWZsQkUbgjf/8iJpnFU8t+LdnZer13kcBTiEIzgBDy6gCrdQgzowGMIzvMKbkzgvzrvzMWtdcvKZA/gD5/MHqNuPHA==</latexit><latexit sha1_base64="UIfKiIq72fc7hAsMALLEvd0Y0uY=">AAAB7nicbVBNS8NAEJ34WetX1aOXxSIIQklE0ItQ9OKxgv2ANpTNdtIu3WzC7kaMpT/CiwdFvPp7vPlv3LY5aOuDgcd7M8zMCxLBtXHdb2dpeWV1bb2wUdzc2t7ZLe3tN3ScKoZ1FotYtQKqUXCJdcONwFaikEaBwGYwvJn4zQdUmsfy3mQJ+hHtSx5yRo2Vmk9Xj6ecZN1S2a24U5BF4uWkDDlq3dJXpxezNEJpmKBatz03Mf6IKsOZwHGxk2pMKBvSPrYtlTRC7Y+m547JsVV6JIyVLWnIVP09MaKR1lkU2M6ImoGe9ybif147NeGlP+IySQ1KNlsUpoKYmEx+Jz2ukBmRWUKZ4vZWwgZUUWZsQkUbgjf/8iJpnFU8t+LdnZer13kcBTiEIzgBDy6gCrdQgzowGMIzvMKbkzgvzrvzMWtdcvKZA/gD5/MHqNuPHA==</latexit>



Wave function of Composite 
Fermi Liquid
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<latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit><latexit sha1_base64="3Ae+AEWA8fgPUDHr5/CmHuevrsE="></latexit>

zi
<latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit>

zj
<latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit>

Zero

Particle
We get the bosonic Laughlin state at

To get fermions: displace the zeroes as little as possible to be able to anti-symmetrize

zi
<latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit><latexit sha1_base64="oaxA/Vb01Ao+M1c0vqb0YBv9UsY=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvtpF262YTdjVBDf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zEZXmibw3oxSDmPYljzijxkp3T13erVTdmjsFWSReQapQoNGtfHV6CctilIYJqnXbc1MT5FQZzgSOy51MY0rZkPaxbamkMeogn546JsdW6ZEoUbakIVP190ROY61HcWg7Y2oGet6biP957cxEF0HOZZoZlGy2KMoEMQmZ/E16XCEzYmQJZYrbWwkbUEWZsemUbQje/MuLxD+tXda827Nq/apIowSHcAQn4ME51OEGGuADgz48wyu8OcJ5cd6dj1nrklPMHMAfOJ8/0SeNrg==</latexit>

zj
<latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit><latexit sha1_base64="HSDMdOz/B/INKr/SpAcT4Ly7Vts=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lsJ+3azSbsboRa+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTAXXxnW/ncLS8srqWnG9tLG5tb1T3t2710mmGPosEYlqhlSj4BJ9w43AZqqQxqHARji4mviNR1SaJ/LODFMMYtqTPOKMGivdPnUeOuWKW3WnIIvEy0kFctQ75a92N2FZjNIwQbVueW5qghFVhjOB41I705hSNqA9bFkqaYw6GE1PHZMjq3RJlChb0pCp+ntiRGOth3FoO2Nq+nrem4j/ea3MROfBiMs0MyjZbFGUCWISMvmbdLlCZsTQEsoUt7cS1qeKMmPTKdkQvPmXF4l/Ur2oejenldplnkYRDuAQjsGDM6jBNdTBBwY9eIZXeHOE8+K8Ox+z1oKTz+zDHzifP9Kqja8=</latexit>

di
<latexit sha1_base64="pVXjNBnUBjj+YavO0aO95jUE2DM=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lstu3SzSbsToQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LRzdRvPXFtRKIecJzyIKYDJfqCUbTSfdQTvWrNrbszkGXiFaQGBZq96lc3SlgWc4VMUmM6nptikFONgkk+qXQzw1PKRnTAO5YqGnMT5LNTJ+TEKhHpJ9qWQjJTf0/kNDZmHIe2M6Y4NIveVPzP62TYvwxyodIMuWLzRf1MEkzI9G8SCc0ZyrEllGlhbyVsSDVlaNOp2BC8xZeXiX9Wv6p7d+e1xnWRRhmO4BhOwYMLaMAtNMEHBgN4hld4c6Tz4rw7H/PWklPMHMIfOJ8/r7mNmA==</latexit><latexit sha1_base64="pVXjNBnUBjj+YavO0aO95jUE2DM=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lstu3SzSbsToQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LRzdRvPXFtRKIecJzyIKYDJfqCUbTSfdQTvWrNrbszkGXiFaQGBZq96lc3SlgWc4VMUmM6nptikFONgkk+qXQzw1PKRnTAO5YqGnMT5LNTJ+TEKhHpJ9qWQjJTf0/kNDZmHIe2M6Y4NIveVPzP62TYvwxyodIMuWLzRf1MEkzI9G8SCc0ZyrEllGlhbyVsSDVlaNOp2BC8xZeXiX9Wv6p7d+e1xnWRRhmO4BhOwYMLaMAtNMEHBgN4hld4c6Tz4rw7H/PWklPMHMIfOJ8/r7mNmA==</latexit><latexit sha1_base64="pVXjNBnUBjj+YavO0aO95jUE2DM=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lstu3SzSbsToQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LRzdRvPXFtRKIecJzyIKYDJfqCUbTSfdQTvWrNrbszkGXiFaQGBZq96lc3SlgWc4VMUmM6nptikFONgkk+qXQzw1PKRnTAO5YqGnMT5LNTJ+TEKhHpJ9qWQjJTf0/kNDZmHIe2M6Y4NIveVPzP62TYvwxyodIMuWLzRf1MEkzI9G8SCc0ZyrEllGlhbyVsSDVlaNOp2BC8xZeXiX9Wv6p7d+e1xnWRRhmO4BhOwYMLaMAtNMEHBgN4hld4c6Tz4rw7H/PWklPMHMIfOJ8/r7mNmA==</latexit><latexit sha1_base64="pVXjNBnUBjj+YavO0aO95jUE2DM=">AAAB6XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEUG9FLx4rGltoQ9lstu3SzSbsToQS+hO8eFDx6j/y5r9x2+agrQ8GHu/NMDMvTKUw6LrfTmlldW19o7xZ2dre2d2r7h88miTTjPsskYluh9RwKRT3UaDk7VRzGoeSt8LRzdRvPXFtRKIecJzyIKYDJfqCUbTSfdQTvWrNrbszkGXiFaQGBZq96lc3SlgWc4VMUmM6nptikFONgkk+qXQzw1PKRnTAO5YqGnMT5LNTJ+TEKhHpJ9qWQjJTf0/kNDZmHIe2M6Y4NIveVPzP62TYvwxyodIMuWLzRf1MEkzI9G8SCc0ZyrEllGlhbyVsSDVlaNOp2BC8xZeXiX9Wv6p7d+e1xnWRRhmO4BhOwYMLaMAtNMEHBgN4hld4c6Tz4rw7H/PWklPMHMIfOJ8/r7mNmA==</latexit>

dj
<latexit sha1_base64="rTVWAq/xKG9cNx7QtFafAQfrlGc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvNtF272YTdjVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zCZXmibw3oxSDmPYl73FGjZXuou5jt1J1a+4UZJF4BalCgUa38tWJEpbFKA0TVOu256YmyKkynAkclzuZxpSyIe1j21JJY9RBPj11TI6tEpFeomxJQ6bq74mcxlqP4tB2xtQM9Lw3Ef/z2pnpXQQ5l2lmULLZol4miEnI5G8ScYXMiJEllClubyVsQBVlxqZTtiF48y8vEv+0dlnzbs+q9asijRIcwhGcgAfnUIcbaIAPDPrwDK/w5gjnxXl3PmatS04xcwB/4Hz+ALE8jZk=</latexit><latexit sha1_base64="rTVWAq/xKG9cNx7QtFafAQfrlGc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvNtF272YTdjVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zCZXmibw3oxSDmPYl73FGjZXuou5jt1J1a+4UZJF4BalCgUa38tWJEpbFKA0TVOu256YmyKkynAkclzuZxpSyIe1j21JJY9RBPj11TI6tEpFeomxJQ6bq74mcxlqP4tB2xtQM9Lw3Ef/z2pnpXQQ5l2lmULLZol4miEnI5G8ScYXMiJEllClubyVsQBVlxqZTtiF48y8vEv+0dlnzbs+q9asijRIcwhGcgAfnUIcbaIAPDPrwDK/w5gjnxXl3PmatS04xcwB/4Hz+ALE8jZk=</latexit><latexit sha1_base64="rTVWAq/xKG9cNx7QtFafAQfrlGc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvNtF272YTdjVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zCZXmibw3oxSDmPYl73FGjZXuou5jt1J1a+4UZJF4BalCgUa38tWJEpbFKA0TVOu256YmyKkynAkclzuZxpSyIe1j21JJY9RBPj11TI6tEpFeomxJQ6bq74mcxlqP4tB2xtQM9Lw3Ef/z2pnpXQQ5l2lmULLZol4miEnI5G8ScYXMiJEllClubyVsQBVlxqZTtiF48y8vEv+0dlnzbs+q9asijRIcwhGcgAfnUIcbaIAPDPrwDK/w5gjnxXl3PmatS04xcwB/4Hz+ALE8jZk=</latexit><latexit sha1_base64="rTVWAq/xKG9cNx7QtFafAQfrlGc=">AAAB6XicbVBNS8NAEJ34WetX1aOXxSJ4KokI6q3oxWNFYwttKJvNtF272YTdjVBCf4IXDype/Ufe/Ddu2xy09cHA470ZZuaFqeDauO63s7S8srq2Xtoob25t7+xW9vYfdJIphj5LRKJaIdUouETfcCOwlSqkcSiwGQ6vJ37zCZXmibw3oxSDmPYl73FGjZXuou5jt1J1a+4UZJF4BalCgUa38tWJEpbFKA0TVOu256YmyKkynAkclzuZxpSyIe1j21JJY9RBPj11TI6tEpFeomxJQ6bq74mcxlqP4tB2xtQM9Lw3Ef/z2pnpXQQ5l2lmULLZol4miEnI5G8ScYXMiJEllClubyVsQBVlxqZTtiF48y8vEv+0dlnzbs+q9asijRIcwhGcgAfnUIcbaIAPDPrwDK/w5gjnxXl3PmatS04xcwB/4Hz+ALE8jZk=</latexit>
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<latexit sha1_base64="sI+4P8dZAmEH41Hn/QIWYFv7J7g="></latexit><latexit sha1_base64="sI+4P8dZAmEH41Hn/QIWYFv7J7g="></latexit><latexit sha1_base64="sI+4P8dZAmEH41Hn/QIWYFv7J7g="></latexit><latexit sha1_base64="sI+4P8dZAmEH41Hn/QIWYFv7J7g="></latexit>

Number of d vectors =

Number of particles
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zj + ~d di = �l2ẑ ⇥ ki
<latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit>



Composite fermions on Torus
Single particle translations form a discrete lattice on a finite size torus

Translation of particle i by vector d t̂i(d)
<latexit sha1_base64="zoMuwijlLAnZrdPV4EjTShs7Cks=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5KIoMeiF48V7Ac0IWy2m3bpZhN2J2IJ+StePCji1T/izX/jts1BWx8MPN6bYWZemAquwXG+rbX1jc2t7cpOdXdv/+DQPqp1dZIpyjo0EYnqh0QzwSXrAAfB+qliJA4F64WT25nfe2RK80Q+wDRlfkxGkkecEjBSYNe8MYEcioA3ci+M8LA4D+y603TmwKvELUkdlWgH9pc3TGgWMwlUEK0HrpOCnxMFnApWVL1Ms5TQCRmxgaGSxEz7+fz2Ap8ZZYijRJmSgOfq74mcxFpP49B0xgTGetmbif95gwyiaz/nMs2ASbpYFGUCQ4JnQeAhV4yCmBpCqOLmVkzHRBEKJq6qCcFdfnmVdC+artN07y/rrZsyjgo6QaeogVx0hVroDrVRB1H0hJ7RK3qzCuvFerc+Fq1rVjlzjP7A+vwBkl6UHQ==</latexit><latexit sha1_base64="zoMuwijlLAnZrdPV4EjTShs7Cks=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5KIoMeiF48V7Ac0IWy2m3bpZhN2J2IJ+StePCji1T/izX/jts1BWx8MPN6bYWZemAquwXG+rbX1jc2t7cpOdXdv/+DQPqp1dZIpyjo0EYnqh0QzwSXrAAfB+qliJA4F64WT25nfe2RK80Q+wDRlfkxGkkecEjBSYNe8MYEcioA3ci+M8LA4D+y603TmwKvELUkdlWgH9pc3TGgWMwlUEK0HrpOCnxMFnApWVL1Ms5TQCRmxgaGSxEz7+fz2Ap8ZZYijRJmSgOfq74mcxFpP49B0xgTGetmbif95gwyiaz/nMs2ASbpYFGUCQ4JnQeAhV4yCmBpCqOLmVkzHRBEKJq6qCcFdfnmVdC+artN07y/rrZsyjgo6QaeogVx0hVroDrVRB1H0hJ7RK3qzCuvFerc+Fq1rVjlzjP7A+vwBkl6UHQ==</latexit><latexit sha1_base64="zoMuwijlLAnZrdPV4EjTShs7Cks=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5KIoMeiF48V7Ac0IWy2m3bpZhN2J2IJ+StePCji1T/izX/jts1BWx8MPN6bYWZemAquwXG+rbX1jc2t7cpOdXdv/+DQPqp1dZIpyjo0EYnqh0QzwSXrAAfB+qliJA4F64WT25nfe2RK80Q+wDRlfkxGkkecEjBSYNe8MYEcioA3ci+M8LA4D+y603TmwKvELUkdlWgH9pc3TGgWMwlUEK0HrpOCnxMFnApWVL1Ms5TQCRmxgaGSxEz7+fz2Ap8ZZYijRJmSgOfq74mcxFpP49B0xgTGetmbif95gwyiaz/nMs2ASbpYFGUCQ4JnQeAhV4yCmBpCqOLmVkzHRBEKJq6qCcFdfnmVdC+artN07y/rrZsyjgo6QaeogVx0hVroDrVRB1H0hJ7RK3qzCuvFerc+Fq1rVjlzjP7A+vwBkl6UHQ==</latexit><latexit sha1_base64="zoMuwijlLAnZrdPV4EjTShs7Cks=">AAAB+3icbVBNS8NAEN34WetXrEcvi0Wol5KIoMeiF48V7Ac0IWy2m3bpZhN2J2IJ+StePCji1T/izX/jts1BWx8MPN6bYWZemAquwXG+rbX1jc2t7cpOdXdv/+DQPqp1dZIpyjo0EYnqh0QzwSXrAAfB+qliJA4F64WT25nfe2RK80Q+wDRlfkxGkkecEjBSYNe8MYEcioA3ci+M8LA4D+y603TmwKvELUkdlWgH9pc3TGgWMwlUEK0HrpOCnxMFnApWVL1Ms5TQCRmxgaGSxEz7+fz2Ap8ZZYijRJmSgOfq74mcxFpP49B0xgTGetmbif95gwyiaz/nMs2ASbpYFGUCQ4JnQeAhV4yCmBpCqOLmVkzHRBEKJq6qCcFdfnmVdC+artN07y/rrZsyjgo6QaeogVx0hVroDrVRB1H0hJ7RK3qzCuvFerc+Fq1rVjlzjP7A+vwBkl6UHQ==</latexit>

We can construct a Composite Fermion trial wave-function

For any given set of N distinct 

di = �l2ẑ ⇥ ki
<latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit><latexit sha1_base64="54p/FtyTNqAL8rPI60Fua3RAtj4=">AAACEHicbVDLSsNAFJ34rPUVdelmsIhuLEkRdCMU3bisYB/QxDCZTtqhkwczN0IN+QQ3/oobF4q4denOv3GadqGtBy4czrmXe+/xE8EVWNa3sbC4tLyyWlorr29sbm2bO7stFaeSsiaNRSw7PlFM8Ig1gYNgnUQyEvqCtf3h1dhv3zOpeBzdwihhbkj6EQ84JaAlzzzKHD/AvdzjFyfiroadAYHsIccO8JApXLhD7XpmxapaBfA8saekgqZoeOaX04tpGrIIqCBKdW0rATcjEjgVLC87qWIJoUPSZ11NI6LXuVnxUI4PtdLDQSx1RYAL9fdERkKlRqGvO0MCAzXrjcX/vG4Kwbmb8ShJgUV0sihIBYYYj9PBPS4ZBTHShFDJ9a2YDogkFHSGZR2CPfvyPGnVqrZVtW9OK/XLaRwltI8O0DGy0Rmqo2vUQE1E0SN6Rq/ozXgyXox342PSumBMZ/bQHxifP6YnnFc=</latexit>

{di}
<latexit sha1_base64="kSgzXlXApjxNOSivCef+hTLDluA=">AAAB9HicbVBNS8NAEJ31s9avqkcvi0XwVBIR9Fj04rGC/YAmlM1m0y7dbOLuplBCfocXD4p49cd489+4bXPQ1gcDj/dmmJkXpIJr4zjfaG19Y3Nru7JT3d3bPzisHR13dJIpyto0EYnqBUQzwSVrG24E66WKkTgQrBuM72Z+d8KU5ol8NNOU+TEZSh5xSoyVfC/PvSDCYTHgXjGo1Z2GMwdeJW5J6lCiNah9eWFCs5hJQwXRuu86qfFzogynghVVL9MsJXRMhqxvqSQx034+P7rA51YJcZQoW9Lgufp7Iiex1tM4sJ0xMSO97M3E/7x+ZqIbP+cyzQyTdLEoygQ2CZ4lgEOuGDViagmhittbMR0RRaixOVVtCO7yy6ukc9lwnYb7cFVv3pZxVOAUzuACXLiGJtxDC9pA4Qme4RXe0AS9oHf0sWhdQ+XMCfwB+vwBwuSSFA==</latexit><latexit sha1_base64="kSgzXlXApjxNOSivCef+hTLDluA=">AAAB9HicbVBNS8NAEJ31s9avqkcvi0XwVBIR9Fj04rGC/YAmlM1m0y7dbOLuplBCfocXD4p49cd489+4bXPQ1gcDj/dmmJkXpIJr4zjfaG19Y3Nru7JT3d3bPzisHR13dJIpyto0EYnqBUQzwSVrG24E66WKkTgQrBuM72Z+d8KU5ol8NNOU+TEZSh5xSoyVfC/PvSDCYTHgXjGo1Z2GMwdeJW5J6lCiNah9eWFCs5hJQwXRuu86qfFzogynghVVL9MsJXRMhqxvqSQx034+P7rA51YJcZQoW9Lgufp7Iiex1tM4sJ0xMSO97M3E/7x+ZqIbP+cyzQyTdLEoygQ2CZ4lgEOuGDViagmhittbMR0RRaixOVVtCO7yy6ukc9lwnYb7cFVv3pZxVOAUzuACXLiGJtxDC9pA4Qme4RXe0AS9oHf0sWhdQ+XMCfwB+vwBwuSSFA==</latexit><latexit sha1_base64="kSgzXlXApjxNOSivCef+hTLDluA=">AAAB9HicbVBNS8NAEJ31s9avqkcvi0XwVBIR9Fj04rGC/YAmlM1m0y7dbOLuplBCfocXD4p49cd489+4bXPQ1gcDj/dmmJkXpIJr4zjfaG19Y3Nru7JT3d3bPzisHR13dJIpyto0EYnqBUQzwSVrG24E66WKkTgQrBuM72Z+d8KU5ol8NNOU+TEZSh5xSoyVfC/PvSDCYTHgXjGo1Z2GMwdeJW5J6lCiNah9eWFCs5hJQwXRuu86qfFzogynghVVL9MsJXRMhqxvqSQx034+P7rA51YJcZQoW9Lgufp7Iiex1tM4sJ0xMSO97M3E/7x+ZqIbP+cyzQyTdLEoygQ2CZ4lgEOuGDViagmhittbMR0RRaixOVVtCO7yy6ukc9lwnYb7cFVv3pZxVOAUzuACXLiGJtxDC9pA4Qme4RXe0AS9oHf0sWhdQ+XMCfwB+vwBwuSSFA==</latexit><latexit sha1_base64="kSgzXlXApjxNOSivCef+hTLDluA=">AAAB9HicbVBNS8NAEJ31s9avqkcvi0XwVBIR9Fj04rGC/YAmlM1m0y7dbOLuplBCfocXD4p49cd489+4bXPQ1gcDj/dmmJkXpIJr4zjfaG19Y3Nru7JT3d3bPzisHR13dJIpyto0EYnqBUQzwSVrG24E66WKkTgQrBuM72Z+d8KU5ol8NNOU+TEZSh5xSoyVfC/PvSDCYTHgXjGo1Z2GMwdeJW5J6lCiNah9eWFCs5hJQwXRuu86qfFzogynghVVL9MsJXRMhqxvqSQx034+P7rA51YJcZQoW9Lgufp7Iiex1tM4sJ0xMSO97M3E/7x+ZqIbP+cyzQyTdLEoygQ2CZ4lgEOuGDViagmhittbMR0RRaixOVVtCO7yy6ukc9lwnYb7cFVv3pZxVOAUzuACXLiGJtxDC9pA4Qme4RXe0AS9oHf0sWhdQ+XMCfwB+vwBwuSSFA==</latexit>

Shao, Kim, Haldane, & Rezayi, PRL (2015).



Given a set of occupied states we can 
predict many body momenta

Composite fermion kinetic energy

Shao, Kim, Haldane, & Rezayi, PRL (2015).

Composite fermions on Torus



SU(2) magnet to SU(2) singlet

ED Spectrum 
Torus

2 components continuously rotating from N=0 LL into a N=1LL

|⇥,�i = sin(⇥)|0, B,�i+ cos(⇥)|1, B0�i
<latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit>

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>



Phase transition of polarized states
2 components continuously rotating from N=0 LL into a N=1LL

|⇥,�i = sin(⇥)|0, B,�i+ cos(⇥)|1, B0�i
<latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit>

ED Spectrum Torus

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>



Valley K

Valley K’

Stoner transition of CFL states

S2 = 0
<latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit>

S2 = Smax
z (Smax

z + 1)
<latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit>

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>



3-fold (x 2) topological degeneracy  
of Moore-Read state

Pfaffian to CFL transition

S2 = 0
<latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit><latexit sha1_base64="Ko91j1GlHY7xpeLcmr9UGe8xzLI=">AAAB7HicbVBNS8NAEJ34WetX1aOXxSJ4KkkR9CIUvXisaNpCG8tmu2mXbjZhdyKU0t/gxYMiXv1B3vw3btsctPXBwOO9GWbmhakUBl3321lZXVvf2CxsFbd3dvf2SweHDZNkmnGfJTLRrZAaLoXiPgqUvJVqTuNQ8mY4vJn6zSeujUjUA45SHsS0r0QkGEUr+feP1Su3Wyq7FXcGsky8nJQhR71b+ur0EpbFXCGT1Ji256YYjKlGwSSfFDuZ4SllQ9rnbUsVjbkJxrNjJ+TUKj0SJdqWQjJTf0+MaWzMKA5tZ0xxYBa9qfif184wugzGQqUZcsXmi6JMEkzI9HPSE5ozlCNLKNPC3krYgGrK0OZTtCF4iy8vk0a14rkV7+68XLvO4yjAMZzAGXhwATW4hTr4wEDAM7zCm6OcF+fd+Zi3rjj5zBH8gfP5A8Rajfw=</latexit>

S2 = Smax
z (Smax

z + 1)
<latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit><latexit sha1_base64="qtC7E9zDghShQwS7CksmYjbqEX4=">AAACA3icbZDLSsNAFIYn9VbrLepON4NFqAglKYJuhKIbl5XaC7RpmEwn7dCZJMxMxBoKbnwVNy4UcetLuPNtnLZBtPWHgY//nMOZ83sRo1JZ1peRWVhcWl7JrubW1jc2t8ztnboMY4FJDYcsFE0PScJoQGqKKkaakSCIe4w0vMHluN64JULSMLhRw4g4HPUC6lOMlLZcc6/aKZ1XOwlHdyP3vvBDx/aRa+atojURnAc7hTxIVXHNz3Y3xDEngcIMSdmyrUg5CRKKYkZGuXYsSYTwAPVIS2OAOJFOMrlhBA+104V+KPQLFJy4vycSxKUcck93cqT6crY2Nv+rtWLlnzkJDaJYkQBPF/kxgyqE40BglwqCFRtqQFhQ/VeI+0ggrHRsOR2CPXvyPNRLRdsq2tcn+fJFGkcW7IMDUAA2OAVlcAUqoAYweABP4AW8Go/Gs/FmvE9bM0Y6swv+yPj4Bu5zlww=</latexit>

(⇡,⇡)
<latexit sha1_base64="ujJAOpuN5EK6K7vBOJ3BKLbHk0g=">AAAB8HicbVBNSwMxEJ34WetX1aOXYBEqSNkVQY9FLx4r2A9pl5JNs21okl2SrFCW/govHhTx6s/x5r8xbfegrQ8GHu/NMDMvTAQ31vO+0crq2vrGZmGruL2zu7dfOjhsmjjVlDVoLGLdDolhgivWsNwK1k40IzIUrBWObqd+64lpw2P1YMcJCyQZKB5xSqyTHivdhJ+7OuuVyl7VmwEvEz8nZchR75W+uv2YppIpSwUxpuN7iQ0yoi2ngk2K3dSwhNARGbCOo4pIZoJsdvAEnzqlj6NYu1IWz9TfExmRxoxl6DolsUOz6E3F/7xOaqPrIOMqSS1TdL4oSgW2MZ5+j/tcM2rF2BFCNXe3YjokmlDrMiq6EPzFl5dJ86Lqe1X//rJcu8njKMAxnEAFfLiCGtxBHRpAQcIzvMIb0ugFvaOPeesKymeO4A/Q5w/Jlo+7</latexit><latexit sha1_base64="ujJAOpuN5EK6K7vBOJ3BKLbHk0g=">AAAB8HicbVBNSwMxEJ34WetX1aOXYBEqSNkVQY9FLx4r2A9pl5JNs21okl2SrFCW/govHhTx6s/x5r8xbfegrQ8GHu/NMDMvTAQ31vO+0crq2vrGZmGruL2zu7dfOjhsmjjVlDVoLGLdDolhgivWsNwK1k40IzIUrBWObqd+64lpw2P1YMcJCyQZKB5xSqyTHivdhJ+7OuuVyl7VmwEvEz8nZchR75W+uv2YppIpSwUxpuN7iQ0yoi2ngk2K3dSwhNARGbCOo4pIZoJsdvAEnzqlj6NYu1IWz9TfExmRxoxl6DolsUOz6E3F/7xOaqPrIOMqSS1TdL4oSgW2MZ5+j/tcM2rF2BFCNXe3YjokmlDrMiq6EPzFl5dJ86Lqe1X//rJcu8njKMAxnEAFfLiCGtxBHRpAQcIzvMIb0ugFvaOPeesKymeO4A/Q5w/Jlo+7</latexit><latexit sha1_base64="ujJAOpuN5EK6K7vBOJ3BKLbHk0g=">AAAB8HicbVBNSwMxEJ34WetX1aOXYBEqSNkVQY9FLx4r2A9pl5JNs21okl2SrFCW/govHhTx6s/x5r8xbfegrQ8GHu/NMDMvTAQ31vO+0crq2vrGZmGruL2zu7dfOjhsmjjVlDVoLGLdDolhgivWsNwK1k40IzIUrBWObqd+64lpw2P1YMcJCyQZKB5xSqyTHivdhJ+7OuuVyl7VmwEvEz8nZchR75W+uv2YppIpSwUxpuN7iQ0yoi2ngk2K3dSwhNARGbCOo4pIZoJsdvAEnzqlj6NYu1IWz9TfExmRxoxl6DolsUOz6E3F/7xOaqPrIOMqSS1TdL4oSgW2MZ5+j/tcM2rF2BFCNXe3YjokmlDrMiq6EPzFl5dJ86Lqe1X//rJcu8njKMAxnEAFfLiCGtxBHRpAQcIzvMIb0ugFvaOPeesKymeO4A/Q5w/Jlo+7</latexit><latexit sha1_base64="ujJAOpuN5EK6K7vBOJ3BKLbHk0g=">AAAB8HicbVBNSwMxEJ34WetX1aOXYBEqSNkVQY9FLx4r2A9pl5JNs21okl2SrFCW/govHhTx6s/x5r8xbfegrQ8GHu/NMDMvTAQ31vO+0crq2vrGZmGruL2zu7dfOjhsmjjVlDVoLGLdDolhgivWsNwK1k40IzIUrBWObqd+64lpw2P1YMcJCyQZKB5xSqyTHivdhJ+7OuuVyl7VmwEvEz8nZchR75W+uv2YppIpSwUxpuN7iQ0yoi2ngk2K3dSwhNARGbCOo4pIZoJsdvAEnzqlj6NYu1IWz9TfExmRxoxl6DolsUOz6E3F/7xOaqPrIOMqSS1TdL4oSgW2MZ5+j/tcM2rF2BFCNXe3YjokmlDrMiq6EPzFl5dJ86Lqe1X//rJcu8njKMAxnEAFfLiCGtxBHRpAQcIzvMIb0ugFvaOPeesKymeO4A/Q5w/Jlo+7</latexit>

(⇡, 0)
<latexit sha1_base64="hZDzfXi9gzacH9a5LmAkXClxh3I=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2tWeYhf+eb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wfuw46i</latexit><latexit sha1_base64="hZDzfXi9gzacH9a5LmAkXClxh3I=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2tWeYhf+eb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wfuw46i</latexit><latexit sha1_base64="hZDzfXi9gzacH9a5LmAkXClxh3I=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2tWeYhf+eb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wfuw46i</latexit><latexit sha1_base64="hZDzfXi9gzacH9a5LmAkXClxh3I=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2tWeYhf+eb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wfuw46i</latexit>

(0,⇡)
<latexit sha1_base64="zWB7dt0u0/lIczXoG3mtsaYOXGw=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2lX/oqfYeb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wftcY6i</latexit><latexit sha1_base64="zWB7dt0u0/lIczXoG3mtsaYOXGw=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2lX/oqfYeb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wftcY6i</latexit><latexit sha1_base64="zWB7dt0u0/lIczXoG3mtsaYOXGw=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2lX/oqfYeb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wftcY6i</latexit><latexit sha1_base64="zWB7dt0u0/lIczXoG3mtsaYOXGw=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRahgpRdEfRY9OKxgv2AdinZNNuGJtmQZIWy9Ed48aCIV3+PN/+NabsHbX0w8Hhvhpl5keLMWN//9gpr6xubW8Xt0s7u3v5B+fCoZZJUE9okCU90J8KGciZp0zLLaUdpikXEaTsa38389hPVhiXy0U4UDQUeShYzgq2T2lX/oqfYeb9c8Wv+HGiVBDmpQI5Gv/zVGyQkFVRawrEx3cBXNsywtoxwOi31UkMVJmM8pF1HJRbUhNn83Ck6c8oAxYl2JS2aq78nMiyMmYjIdQpsR2bZm4n/ed3UxjdhxqRKLZVksShOObIJmv2OBkxTYvnEEUw0c7ciMsIaE+sSKrkQguWXV0nrshb4teDhqlK/zeMowgmcQhUCuIY63EMDmkBgDM/wCm+e8l68d+9j0Vrw8plj+APv8wftcY6i</latexit>

sin2(⇥)
<latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit><latexit sha1_base64="y2vo6OiwiUw8PQCYHQ3sD6m7dzo=">AAAB9XicbVBNS8NAEN3Ur1q/qh69BItQLyUpgh6LXjxW6Bc0adlsJ+3SzSbsTpQS+j+8eFDEq//Fm//G7cdBWx8MPN6bYWZekAiu0XG+rdzG5tb2Tn63sLd/cHhUPD5p6ThVDJosFrHqBFSD4BKayFFAJ1FAo0BAOxjfzfz2IyjNY9nASQJ+RIeSh5xRNFLP01z2qmWvMQKkl/1iyak4c9jrxF2SElmi3i9+eYOYpRFIZIJq3XWdBP2MKuRMwLTgpRoSysZ0CF1DJY1A+9n86ql9YZSBHcbKlER7rv6eyGik9SQKTGdEcaRXvZn4n9dNMbzxMy6TFEGyxaIwFTbG9iwCe8AVMBQTQyhT3NxqsxFVlKEJqmBCcFdfXietasV1Ku7DVal2u4wjT87IOSkTl1yTGrknddIkjCjyTF7Jm/VkvVjv1seiNWctZ07JH1ifP4qtkd8=</latexit>



Clean Pfaffian to CFL in bilayer 
graphene

Continuously rotating the N=0 LL into a N=1LL with field

CFL

Pfaffian

It would be a Pfaffian with a twist: 

- SU(2) skyrmions and ferro-
magnet coexisting with Pfaffian 

physics

Polarized 
Pfaffian

Polarized 
CFL

Un-polarized 
CFL

B ~ 20 T B > 40 T

|⇥,�i = sin(⇥)|0, B,�i+ cos(⇥)|1, B0�i
<latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit><latexit sha1_base64="/ZzJFXFkaqFPtTjKvxFhfL5iRxE="></latexit>



Summary
Alternative platforms for fractional quantum Hall physics like 

Graphene, ZnO, AlAs, allow to realize a wealth of phase 
transitions between fractionalized phases of matter.

• Bilayer graphene is a promising platform to realize the Quantum phase 
transition between Pfaffian and composite fermi liquid tuned by 
perpendicular field. 


• Stoner transition of composite fermi liquids in AlAs  (arXiv:1802.02167).



The shear sound of 2D Fermi liquids

Jun Yong Khoo 
MIT

Shear sound of interacting Fermi liquids

m⇤ > 2m0
<latexit sha1_base64="fjXQpmakEEM9JRALFrYdNGTQt0Y=">AAAB8nicbVDLSgNBEOz1GeMr6tHLYBDEQ9gNgp4k6MVjBPOAzRpmJ7PJkHksM7NCCPkMLx4U8erXePNvnCR70MSChqKqm+6uOOXMWN//9lZW19Y3Ngtbxe2d3b390sFh06hME9ogiivdjrGhnEnasMxy2k41xSLmtBUPb6d+64lqw5R8sKOURgL3JUsYwdZJoXg8v0ZVJLo+6pbKfsWfAS2TICdlyFHvlr46PUUyQaUlHBsTBn5qozHWlhFOJ8VOZmiKyRD3aeioxIKaaDw7eYJOndJDidKupEUz9ffEGAtjRiJ2nQLbgVn0puJ/XpjZ5CoaM5lmlkoyX5RkHFmFpv+jHtOUWD5yBBPN3K2IDLDGxLqUii6EYPHlZdKsVgK/EtxflGs3eRwFOIYTOIMALqEGd1CHBhBQ8Ayv8OZZ78V79z7mrStePnMEf+B9/gDda4+p</latexit><latexit sha1_base64="fjXQpmakEEM9JRALFrYdNGTQt0Y=">AAAB8nicbVDLSgNBEOz1GeMr6tHLYBDEQ9gNgp4k6MVjBPOAzRpmJ7PJkHksM7NCCPkMLx4U8erXePNvnCR70MSChqKqm+6uOOXMWN//9lZW19Y3Ngtbxe2d3b390sFh06hME9ogiivdjrGhnEnasMxy2k41xSLmtBUPb6d+64lqw5R8sKOURgL3JUsYwdZJoXg8v0ZVJLo+6pbKfsWfAS2TICdlyFHvlr46PUUyQaUlHBsTBn5qozHWlhFOJ8VOZmiKyRD3aeioxIKaaDw7eYJOndJDidKupEUz9ffEGAtjRiJ2nQLbgVn0puJ/XpjZ5CoaM5lmlkoyX5RkHFmFpv+jHtOUWD5yBBPN3K2IDLDGxLqUii6EYPHlZdKsVgK/EtxflGs3eRwFOIYTOIMALqEGd1CHBhBQ8Ayv8OZZ78V79z7mrStePnMEf+B9/gDda4+p</latexit><latexit sha1_base64="fjXQpmakEEM9JRALFrYdNGTQt0Y=">AAAB8nicbVDLSgNBEOz1GeMr6tHLYBDEQ9gNgp4k6MVjBPOAzRpmJ7PJkHksM7NCCPkMLx4U8erXePNvnCR70MSChqKqm+6uOOXMWN//9lZW19Y3Ngtbxe2d3b390sFh06hME9ogiivdjrGhnEnasMxy2k41xSLmtBUPb6d+64lqw5R8sKOURgL3JUsYwdZJoXg8v0ZVJLo+6pbKfsWfAS2TICdlyFHvlr46PUUyQaUlHBsTBn5qozHWlhFOJ8VOZmiKyRD3aeioxIKaaDw7eYJOndJDidKupEUz9ffEGAtjRiJ2nQLbgVn0puJ/XpjZ5CoaM5lmlkoyX5RkHFmFpv+jHtOUWD5yBBPN3K2IDLDGxLqUii6EYPHlZdKsVgK/EtxflGs3eRwFOIYTOIMALqEGd1CHBhBQ8Ayv8OZZ78V79z7mrStePnMEf+B9/gDda4+p</latexit><latexit sha1_base64="fjXQpmakEEM9JRALFrYdNGTQt0Y=">AAAB8nicbVDLSgNBEOz1GeMr6tHLYBDEQ9gNgp4k6MVjBPOAzRpmJ7PJkHksM7NCCPkMLx4U8erXePNvnCR70MSChqKqm+6uOOXMWN//9lZW19Y3Ngtbxe2d3b390sFh06hME9ogiivdjrGhnEnasMxy2k41xSLmtBUPb6d+64lqw5R8sKOURgL3JUsYwdZJoXg8v0ZVJLo+6pbKfsWfAS2TICdlyFHvlr46PUUyQaUlHBsTBn5qozHWlhFOJ8VOZmiKyRD3aeioxIKaaDw7eYJOndJDidKupEUz9ffEGAtjRiJ2nQLbgVn0puJ/XpjZ5CoaM5lmlkoyX5RkHFmFpv+jHtOUWD5yBBPN3K2IDLDGxLqUii6EYPHlZdKsVgK/EtxflGs3eRwFOIYTOIMALqEGd1CHBhBQ8Ayv8OZZ78V79z7mrStePnMEf+B9/gDda4+p</latexit>

Should appear rather generically in 2D Fermi liquids  
when quasiparticles become twice as heavy

arXiv:1806.04157



Zero sound and particle-hole 
continuum

E
<latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit>
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E = vF|q
|

<latexit sha1_base64="2/xlLpqY48CyLbfDuuezrys5pHY=">AAAB9XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0ItQFMVjBfsBbSyb7aZdutnE3U2lpPkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhdxprRtf1u5peWV1bX8emFjc2t7p7i7V1dhLAmtkZCHsulhRTkTtKaZ5rQZSYoDj9OGN7ia+I0hlYqF4l6PIuoGuCeYzwjWRnq4vhh2bsZJ2/PRYzruFEt22Z4CLRInIyXIUO0Uv9rdkMQBFZpwrFTLsSPtJlhqRjhNC+1Y0QiTAe7RlqECB1S5yfTqFB0ZpYv8UJoSGk3V3xMJDpQaBZ7pDLDuq3lvIv7ntWLtn7sJE1GsqSCzRX7MkQ7RJALUZZISzUeGYCKZuRWRPpaYaBNUwYTgzL+8SOonZccuO3enpcplFkceDuAQjsGBM6jALVShBgQkPMMrvFlP1ov1bn3MWnNWNrMPf2B9/gApaJJI</latexit><latexit sha1_base64="2/xlLpqY48CyLbfDuuezrys5pHY=">AAAB9XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0ItQFMVjBfsBbSyb7aZdutnE3U2lpPkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhdxprRtf1u5peWV1bX8emFjc2t7p7i7V1dhLAmtkZCHsulhRTkTtKaZ5rQZSYoDj9OGN7ia+I0hlYqF4l6PIuoGuCeYzwjWRnq4vhh2bsZJ2/PRYzruFEt22Z4CLRInIyXIUO0Uv9rdkMQBFZpwrFTLsSPtJlhqRjhNC+1Y0QiTAe7RlqECB1S5yfTqFB0ZpYv8UJoSGk3V3xMJDpQaBZ7pDLDuq3lvIv7ntWLtn7sJE1GsqSCzRX7MkQ7RJALUZZISzUeGYCKZuRWRPpaYaBNUwYTgzL+8SOonZccuO3enpcplFkceDuAQjsGBM6jALVShBgQkPMMrvFlP1ov1bn3MWnNWNrMPf2B9/gApaJJI</latexit><latexit sha1_base64="2/xlLpqY48CyLbfDuuezrys5pHY=">AAAB9XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0ItQFMVjBfsBbSyb7aZdutnE3U2lpPkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhdxprRtf1u5peWV1bX8emFjc2t7p7i7V1dhLAmtkZCHsulhRTkTtKaZ5rQZSYoDj9OGN7ia+I0hlYqF4l6PIuoGuCeYzwjWRnq4vhh2bsZJ2/PRYzruFEt22Z4CLRInIyXIUO0Uv9rdkMQBFZpwrFTLsSPtJlhqRjhNC+1Y0QiTAe7RlqECB1S5yfTqFB0ZpYv8UJoSGk3V3xMJDpQaBZ7pDLDuq3lvIv7ntWLtn7sJE1GsqSCzRX7MkQ7RJALUZZISzUeGYCKZuRWRPpaYaBNUwYTgzL+8SOonZccuO3enpcplFkceDuAQjsGBM6jALVShBgQkPMMrvFlP1ov1bn3MWnNWNrMPf2B9/gApaJJI</latexit><latexit sha1_base64="2/xlLpqY48CyLbfDuuezrys5pHY=">AAAB9XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0ItQFMVjBfsBbSyb7aZdutnE3U2lpPkfXjwo4tX/4s1/47bNQVsfDDzem2FmnhdxprRtf1u5peWV1bX8emFjc2t7p7i7V1dhLAmtkZCHsulhRTkTtKaZ5rQZSYoDj9OGN7ia+I0hlYqF4l6PIuoGuCeYzwjWRnq4vhh2bsZJ2/PRYzruFEt22Z4CLRInIyXIUO0Uv9rdkMQBFZpwrFTLsSPtJlhqRjhNC+1Y0QiTAe7RlqECB1S5yfTqFB0ZpYv8UJoSGk3V3xMJDpQaBZ7pDLDuq3lvIv7ntWLtn7sJE1GsqSCzRX7MkQ7RJALUZZISzUeGYCKZuRWRPpaYaBNUwYTgzL+8SOonZccuO3enpcplFkceDuAQjsGBM6jALVShBgQkPMMrvFlP1ov1bn3MWnNWNrMPf2B9/gApaJJI</latexit>

E = v0|q|
<latexit sha1_base64="s9LkAUl3004gYI3ZhA82AdxkE3w=">AAAB9XicbVBNSwMxEJ31s9avqkcvwSJ4Krsi6EUoiuCxgv2Adi3ZNNuGJtk1yVbKtv/DiwdFvPpfvPlvTNs9aOuDgcd7M8zMC2LOtHHdb2dpeWV1bT23kd/c2t7ZLezt13SUKEKrJOKRagRYU84krRpmOG3EimIRcFoP+tcTvz6gSrNI3pthTH2Bu5KFjGBjpYeby0HbHaWtIESP41G7UHRL7hRokXgZKUKGSrvw1epEJBFUGsKx1k3PjY2fYmUY4XScbyWaxpj0cZc2LZVYUO2n06vH6NgqHRRGypY0aKr+nkix0HooAtspsOnpeW8i/uc1ExNe+CmTcWKoJLNFYcKRidAkAtRhihLDh5Zgopi9FZEeVpgYG1TehuDNv7xIaqclzy15d2fF8lUWRw4O4QhOwINzKMMtVKAKBBQ8wyu8OU/Oi/PufMxal5xs5gD+wPn8AQdKkjI=</latexit><latexit sha1_base64="s9LkAUl3004gYI3ZhA82AdxkE3w=">AAAB9XicbVBNSwMxEJ31s9avqkcvwSJ4Krsi6EUoiuCxgv2Adi3ZNNuGJtk1yVbKtv/DiwdFvPpfvPlvTNs9aOuDgcd7M8zMC2LOtHHdb2dpeWV1bT23kd/c2t7ZLezt13SUKEKrJOKRagRYU84krRpmOG3EimIRcFoP+tcTvz6gSrNI3pthTH2Bu5KFjGBjpYeby0HbHaWtIESP41G7UHRL7hRokXgZKUKGSrvw1epEJBFUGsKx1k3PjY2fYmUY4XScbyWaxpj0cZc2LZVYUO2n06vH6NgqHRRGypY0aKr+nkix0HooAtspsOnpeW8i/uc1ExNe+CmTcWKoJLNFYcKRidAkAtRhihLDh5Zgopi9FZEeVpgYG1TehuDNv7xIaqclzy15d2fF8lUWRw4O4QhOwINzKMMtVKAKBBQ8wyu8OU/Oi/PufMxal5xs5gD+wPn8AQdKkjI=</latexit><latexit sha1_base64="s9LkAUl3004gYI3ZhA82AdxkE3w=">AAAB9XicbVBNSwMxEJ31s9avqkcvwSJ4Krsi6EUoiuCxgv2Adi3ZNNuGJtk1yVbKtv/DiwdFvPpfvPlvTNs9aOuDgcd7M8zMC2LOtHHdb2dpeWV1bT23kd/c2t7ZLezt13SUKEKrJOKRagRYU84krRpmOG3EimIRcFoP+tcTvz6gSrNI3pthTH2Bu5KFjGBjpYeby0HbHaWtIESP41G7UHRL7hRokXgZKUKGSrvw1epEJBFUGsKx1k3PjY2fYmUY4XScbyWaxpj0cZc2LZVYUO2n06vH6NgqHRRGypY0aKr+nkix0HooAtspsOnpeW8i/uc1ExNe+CmTcWKoJLNFYcKRidAkAtRhihLDh5Zgopi9FZEeVpgYG1TehuDNv7xIaqclzy15d2fF8lUWRw4O4QhOwINzKMMtVKAKBBQ8wyu8OU/Oi/PufMxal5xs5gD+wPn8AQdKkjI=</latexit><latexit sha1_base64="s9LkAUl3004gYI3ZhA82AdxkE3w=">AAAB9XicbVBNSwMxEJ31s9avqkcvwSJ4Krsi6EUoiuCxgv2Adi3ZNNuGJtk1yVbKtv/DiwdFvPpfvPlvTNs9aOuDgcd7M8zMC2LOtHHdb2dpeWV1bT23kd/c2t7ZLezt13SUKEKrJOKRagRYU84krRpmOG3EimIRcFoP+tcTvz6gSrNI3pthTH2Bu5KFjGBjpYeby0HbHaWtIESP41G7UHRL7hRokXgZKUKGSrvw1epEJBFUGsKx1k3PjY2fYmUY4XScbyWaxpj0cZc2LZVYUO2n06vH6NgqHRRGypY0aKr+nkix0HooAtspsOnpeW8i/uc1ExNe+CmTcWKoJLNFYcKRidAkAtRhihLDh5Zgopi9FZEeVpgYG1TehuDNv7xIaqclzy15d2fF8lUWRw4O4QhOwINzKMMtVKAKBBQ8wyu8OU/Oi/PufMxal5xs5gD+wPn8AQdKkjI=</latexit>

q
<latexit sha1_base64="AEwINHCM8lKEgkFu5GPT9VOJs3c=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cKpi20oWy2m3bpZhN3J0IJ/RFePCji1d/jzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTxqmSTTjPsskYnuhNRwKRT3UaDknVRzGoeSt8Px7cxvP3FtRKIecJLyIKZDJSLBKFqpnffCiDxO+9WaW3fnIKvEK0gNCjT71a/eIGFZzBUySY3pem6KQU41Cib5tNLLDE8pG9Mh71qqaMxNkM/PnZIzqwxIlGhbCslc/T2R09iYSRzazpjiyCx7M/E/r5thdB3kQqUZcsUWi6JMEkzI7HcyEJozlBNLKNPC3krYiGrK0CZUsSF4yy+vktZF3XPr3v1lrXFTxFGGEziFc/DgChpwB03wgcEYnuEV3pzUeXHenY9Fa8kpZo7hD5zPHyRnj20=</latexit><latexit sha1_base64="AEwINHCM8lKEgkFu5GPT9VOJs3c=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cKpi20oWy2m3bpZhN3J0IJ/RFePCji1d/jzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTxqmSTTjPsskYnuhNRwKRT3UaDknVRzGoeSt8Px7cxvP3FtRKIecJLyIKZDJSLBKFqpnffCiDxO+9WaW3fnIKvEK0gNCjT71a/eIGFZzBUySY3pem6KQU41Cib5tNLLDE8pG9Mh71qqaMxNkM/PnZIzqwxIlGhbCslc/T2R09iYSRzazpjiyCx7M/E/r5thdB3kQqUZcsUWi6JMEkzI7HcyEJozlBNLKNPC3krYiGrK0CZUsSF4yy+vktZF3XPr3v1lrXFTxFGGEziFc/DgChpwB03wgcEYnuEV3pzUeXHenY9Fa8kpZo7hD5zPHyRnj20=</latexit><latexit sha1_base64="AEwINHCM8lKEgkFu5GPT9VOJs3c=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cKpi20oWy2m3bpZhN3J0IJ/RFePCji1d/jzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTxqmSTTjPsskYnuhNRwKRT3UaDknVRzGoeSt8Px7cxvP3FtRKIecJLyIKZDJSLBKFqpnffCiDxO+9WaW3fnIKvEK0gNCjT71a/eIGFZzBUySY3pem6KQU41Cib5tNLLDE8pG9Mh71qqaMxNkM/PnZIzqwxIlGhbCslc/T2R09iYSRzazpjiyCx7M/E/r5thdB3kQqUZcsUWi6JMEkzI7HcyEJozlBNLKNPC3krYiGrK0CZUsSF4yy+vktZF3XPr3v1lrXFTxFGGEziFc/DgChpwB03wgcEYnuEV3pzUeXHenY9Fa8kpZo7hD5zPHyRnj20=</latexit><latexit sha1_base64="AEwINHCM8lKEgkFu5GPT9VOJs3c=">AAAB7nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cKpi20oWy2m3bpZhN3J0IJ/RFePCji1d/jzX/jts1BWx8MPN6bYWZemEph0HW/ndLa+sbmVnm7srO7t39QPTxqmSTTjPsskYnuhNRwKRT3UaDknVRzGoeSt8Px7cxvP3FtRKIecJLyIKZDJSLBKFqpnffCiDxO+9WaW3fnIKvEK0gNCjT71a/eIGFZzBUySY3pem6KQU41Cib5tNLLDE8pG9Mh71qqaMxNkM/PnZIzqwxIlGhbCslc/T2R09iYSRzazpjiyCx7M/E/r5thdB3kQqUZcsUWi6JMEkzI7HcyEJozlBNLKNPC3krYiGrK0CZUsSF4yy+vktZF3XPr3v1lrXFTxFGGEziFc/DgChpwB03wgcEYnuEV3pzUeXHenY9Fa8kpZo7hD5zPHyRnj20=</latexit>
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Landau Fermi liquid Theory or 
Bosonization of 2D Fermi liquids

pF (x, ✓) = pF0 + u(x, ✓)
<latexit sha1_base64="uiHonlp+4nAWgc0knZk0uzVsewY=">AAACFnicbVDJSgNBEO2JW4xb1KOXxiBE1DAjgl6EoBA8RjALZIahp9OTNOlZ6K4RwzBf4cVf8eJBEa/izb+xsxw08UHB470qqup5seAKTPPbyC0sLi2v5FcLa+sbm1vF7Z2mihJJWYNGIpJtjygmeMgawEGwdiwZCTzBWt7geuS37plUPArvYBgzJyC9kPucEtCSWzyJ3Vo5tT0fP2THNvQZkMPL2E1rZnaEk1nHLZbMijkGnifWlJTQFHW3+GV3I5oELAQqiFIdy4zBSYkETgXLCnaiWEzogPRYR9OQBEw56fitDB9opYv9SOoKAY/V3xMpCZQaBp7uDAj01aw3Ev/zOgn4F07KwzgBFtLJIj8RGCI8ygh3uWQUxFATQiXXt2LaJ5JQ0EkWdAjW7MvzpHlascyKdXtWql5N48ijPbSPyshC56iKblAdNRBFj+gZvaI348l4Md6Nj0lrzpjO7KI/MD5/AAGingI=</latexit><latexit sha1_base64="uiHonlp+4nAWgc0knZk0uzVsewY=">AAACFnicbVDJSgNBEO2JW4xb1KOXxiBE1DAjgl6EoBA8RjALZIahp9OTNOlZ6K4RwzBf4cVf8eJBEa/izb+xsxw08UHB470qqup5seAKTPPbyC0sLi2v5FcLa+sbm1vF7Z2mihJJWYNGIpJtjygmeMgawEGwdiwZCTzBWt7geuS37plUPArvYBgzJyC9kPucEtCSWzyJ3Vo5tT0fP2THNvQZkMPL2E1rZnaEk1nHLZbMijkGnifWlJTQFHW3+GV3I5oELAQqiFIdy4zBSYkETgXLCnaiWEzogPRYR9OQBEw56fitDB9opYv9SOoKAY/V3xMpCZQaBp7uDAj01aw3Ev/zOgn4F07KwzgBFtLJIj8RGCI8ygh3uWQUxFATQiXXt2LaJ5JQ0EkWdAjW7MvzpHlascyKdXtWql5N48ijPbSPyshC56iKblAdNRBFj+gZvaI348l4Md6Nj0lrzpjO7KI/MD5/AAGingI=</latexit><latexit sha1_base64="uiHonlp+4nAWgc0knZk0uzVsewY=">AAACFnicbVDJSgNBEO2JW4xb1KOXxiBE1DAjgl6EoBA8RjALZIahp9OTNOlZ6K4RwzBf4cVf8eJBEa/izb+xsxw08UHB470qqup5seAKTPPbyC0sLi2v5FcLa+sbm1vF7Z2mihJJWYNGIpJtjygmeMgawEGwdiwZCTzBWt7geuS37plUPArvYBgzJyC9kPucEtCSWzyJ3Vo5tT0fP2THNvQZkMPL2E1rZnaEk1nHLZbMijkGnifWlJTQFHW3+GV3I5oELAQqiFIdy4zBSYkETgXLCnaiWEzogPRYR9OQBEw56fitDB9opYv9SOoKAY/V3xMpCZQaBp7uDAj01aw3Ev/zOgn4F07KwzgBFtLJIj8RGCI8ygh3uWQUxFATQiXXt2LaJ5JQ0EkWdAjW7MvzpHlascyKdXtWql5N48ijPbSPyshC56iKblAdNRBFj+gZvaI348l4Md6Nj0lrzpjO7KI/MD5/AAGingI=</latexit><latexit sha1_base64="uiHonlp+4nAWgc0knZk0uzVsewY=">AAACFnicbVDJSgNBEO2JW4xb1KOXxiBE1DAjgl6EoBA8RjALZIahp9OTNOlZ6K4RwzBf4cVf8eJBEa/izb+xsxw08UHB470qqup5seAKTPPbyC0sLi2v5FcLa+sbm1vF7Z2mihJJWYNGIpJtjygmeMgawEGwdiwZCTzBWt7geuS37plUPArvYBgzJyC9kPucEtCSWzyJ3Vo5tT0fP2THNvQZkMPL2E1rZnaEk1nHLZbMijkGnifWlJTQFHW3+GV3I5oELAQqiFIdy4zBSYkETgXLCnaiWEzogPRYR9OQBEw56fitDB9opYv9SOoKAY/V3xMpCZQaBp7uDAj01aw3Ev/zOgn4F07KwzgBFtLJIj8RGCI8ygh3uWQUxFATQiXXt2LaJ5JQ0EkWdAjW7MvzpHlascyKdXtWql5N48ijPbSPyshC56iKblAdNRBFj+gZvaI348l4Md6Nj0lrzpjO7KI/MD5/AAGingI=</latexit>

✓
<latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit>

2D Fermi liquids have an infinite number of slow variables

State is parametrized by 
space-time dependent 

Fermi radius

u(x, ✓)
<latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit>

Radius has commutation relations analogous to 1D



Bosonization of 2D Fermi liquids

✓
<latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit>

u(x, ✓)
<latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit>

h✓,✓0 =
vF pF
2

✓
�(✓0 � ✓) +

F (✓0 � ✓)

2⇡

◆

<latexit sha1_base64="T6GBLe3sT2YPgYZyPDD7aJtXuLw="></latexit><latexit sha1_base64="T6GBLe3sT2YPgYZyPDD7aJtXuLw="></latexit><latexit sha1_base64="T6GBLe3sT2YPgYZyPDD7aJtXuLw="></latexit><latexit sha1_base64="T6GBLe3sT2YPgYZyPDD7aJtXuLw="></latexit> F (✓0 � ✓)
<latexit sha1_base64="4VmT1QtoJIWReLbCpUb3+kUicYQ=">AAAB/XicbZDJSgNBEIZ74hbjNi43L41BjAfDjAh6DAriMYJZIBlCT6cmadKz0F0jxCH4Kl48KOLV9/Dm29hZDhr9oeHjryqq+vcTKTQ6zpeVW1hcWl7JrxbW1jc2t+ztnbqOU8WhxmMZq6bPNEgRQQ0FSmgmCljoS2j4g6txvXEPSos4usNhAl7IepEIBGdorI69d11qYx+QHdETOiV63LGLTtmZiP4FdwZFMlO1Y3+2uzFPQ4iQS6Z1y3US9DKmUHAJo0I71ZAwPmA9aBmMWAjayybXj+ihcbo0iJV5EdKJ+3MiY6HWw9A3nSHDvp6vjc3/aq0UgwsvE1GSIkR8uihIJcWYjqOgXaGAoxwaYFwJcyvlfaYYRxNYwYTgzn/5L9RPy65Tdm/PipXLWRx5sk8OSIm45JxUyA2pkhrh5IE8kRfyaj1az9ab9T5tzVmzmV3yS9bHNwLuk6I=</latexit><latexit sha1_base64="4VmT1QtoJIWReLbCpUb3+kUicYQ=">AAAB/XicbZDJSgNBEIZ74hbjNi43L41BjAfDjAh6DAriMYJZIBlCT6cmadKz0F0jxCH4Kl48KOLV9/Dm29hZDhr9oeHjryqq+vcTKTQ6zpeVW1hcWl7JrxbW1jc2t+ztnbqOU8WhxmMZq6bPNEgRQQ0FSmgmCljoS2j4g6txvXEPSos4usNhAl7IepEIBGdorI69d11qYx+QHdETOiV63LGLTtmZiP4FdwZFMlO1Y3+2uzFPQ4iQS6Z1y3US9DKmUHAJo0I71ZAwPmA9aBmMWAjayybXj+ihcbo0iJV5EdKJ+3MiY6HWw9A3nSHDvp6vjc3/aq0UgwsvE1GSIkR8uihIJcWYjqOgXaGAoxwaYFwJcyvlfaYYRxNYwYTgzn/5L9RPy65Tdm/PipXLWRx5sk8OSIm45JxUyA2pkhrh5IE8kRfyaj1az9ab9T5tzVmzmV3yS9bHNwLuk6I=</latexit><latexit sha1_base64="4VmT1QtoJIWReLbCpUb3+kUicYQ=">AAAB/XicbZDJSgNBEIZ74hbjNi43L41BjAfDjAh6DAriMYJZIBlCT6cmadKz0F0jxCH4Kl48KOLV9/Dm29hZDhr9oeHjryqq+vcTKTQ6zpeVW1hcWl7JrxbW1jc2t+ztnbqOU8WhxmMZq6bPNEgRQQ0FSmgmCljoS2j4g6txvXEPSos4usNhAl7IepEIBGdorI69d11qYx+QHdETOiV63LGLTtmZiP4FdwZFMlO1Y3+2uzFPQ4iQS6Z1y3US9DKmUHAJo0I71ZAwPmA9aBmMWAjayybXj+ihcbo0iJV5EdKJ+3MiY6HWw9A3nSHDvp6vjc3/aq0UgwsvE1GSIkR8uihIJcWYjqOgXaGAoxwaYFwJcyvlfaYYRxNYwYTgzn/5L9RPy65Tdm/PipXLWRx5sk8OSIm45JxUyA2pkhrh5IE8kRfyaj1az9ab9T5tzVmzmV3yS9bHNwLuk6I=</latexit><latexit sha1_base64="4VmT1QtoJIWReLbCpUb3+kUicYQ=">AAAB/XicbZDJSgNBEIZ74hbjNi43L41BjAfDjAh6DAriMYJZIBlCT6cmadKz0F0jxCH4Kl48KOLV9/Dm29hZDhr9oeHjryqq+vcTKTQ6zpeVW1hcWl7JrxbW1jc2t+ztnbqOU8WhxmMZq6bPNEgRQQ0FSmgmCljoS2j4g6txvXEPSos4usNhAl7IepEIBGdorI69d11qYx+QHdETOiV63LGLTtmZiP4FdwZFMlO1Y3+2uzFPQ4iQS6Z1y3US9DKmUHAJo0I71ZAwPmA9aBmMWAjayybXj+ihcbo0iJV5EdKJ+3MiY6HWw9A3nSHDvp6vjc3/aq0UgwsvE1GSIkR8uihIJcWYjqOgXaGAoxwaYFwJcyvlfaYYRxNYwYTgzn/5L9RPy65Tdm/PipXLWRx5sk8OSIm45JxUyA2pkhrh5IE8kRfyaj1az9ab9T5tzVmzmV3yS9bHNwLuk6I=</latexit>

Landau function:

v†✓G✓,✓0w✓0 ⌘
Z

d✓d✓0

(2⇡)2
v(✓)G(✓, ✓0)w(✓0)

<latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit>

Quantum version of kinetic equation:



Mapping classical to quantum

✓
<latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit>

u(x, ✓)
<latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit>

v†✓G✓,✓0w✓0 ⌘
Z

d✓d✓0

(2⇡)2
v(✓)G(✓, ✓0)w(✓0)

<latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit><latexit sha1_base64="laoF9+8seD3+oGPwcm7QHrWpmBI="></latexit>

Quantum version of kinetic equation:

For every classical eigen-function of the kinetic equation:

We can construct a quantum bosonic eigen-mode:

Canonical normalisation:



Mapping classical to 1D tight binding

✓
<latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit><latexit sha1_base64="JqEnYvV6PtsKBJYmBVwEpjIMANw=">AAAB7XicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMegF48RzAOSJcxOOsmY2ZllplcIS/7BiwdFvPo/3vwbJ8keNLGgoajqprsrSqSw6PvfXmFtfWNzq7hd2tnd2z8oHx41rU4NhwbXUpt2xCxIoaCBAiW0EwMsjiS0ovHtzG89gbFCqwecJBDGbKjEQHCGTmp2cQTIeuWKX/XnoKskyEmF5Kj3yl/dvuZpDAq5ZNZ2Aj/BMGMGBZcwLXVTCwnjYzaEjqOKxWDDbH7tlJ45pU8H2rhSSOfq74mMxdZO4sh1xgxHdtmbif95nRQH12EmVJIiKL5YNEglRU1nr9O+MMBRThxh3Ah3K+UjZhhHF1DJhRAsv7xKmhfVwK8G95eV2k0eR5GckFNyTgJyRWrkjtRJg3DySJ7JK3nztPfivXsfi9aCl88ckz/wPn8Ao/ePKA==</latexit>

u(x, ✓)
<latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit><latexit sha1_base64="2jriwpBPLg2B440mhbcwt+8FtOU=">AAAB+nicbVBNS8NAEN3Ur1q/Uj16WSxCBSmJCHosevFYwX5AE8pmu2mXbjZhd6KW2J/ixYMiXv0l3vw3btsctPXBwOO9GWbmBYngGhzn2yqsrK6tbxQ3S1vbO7t7dnm/peNUUdaksYhVJyCaCS5ZEzgI1kkUI1EgWDsYXU/99j1TmsfyDsYJ8yMykDzklICRenY5rWZeEOLHyakHQwbkpGdXnJozA14mbk4qKEejZ395/ZimEZNABdG66zoJ+BlRwKlgk5KXapYQOiID1jVUkohpP5udPsHHRunjMFamJOCZ+nsiI5HW4ygwnRGBoV70puJ/XjeF8NLPuExSYJLOF4WpwBDjaQ64zxWjIMaGEKq4uRXTIVGEgkmrZEJwF19eJq2zmuvU3NvzSv0qj6OIDtERqiIXXaA6ukEN1EQUPaBn9IrerCfrxXq3PuatBSufOUB/YH3+AGWwk20=</latexit>

Mirror symmetry:

Even and Odd modes:

Angular momentum:

q̂
<latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit>



Mapping classical to 1D tight binding
Even and Odd modes:Angular momentum:

E
<latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit><latexit sha1_base64="o1sEXvFqUeKBMq6SR1NtvhgJRzs=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GNRBI8t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgpr6xubW8Xt0s7u3v5B+fCopeNUMWyyWMSqE1CNgktsGm4EdhKFNAoEtoPx7cxvP6HSPJYPZpKgH9Gh5CFn1FipcdcvV9yqOwdZJV5OKpCj3i9/9QYxSyOUhgmqdddzE+NnVBnOBE5LvVRjQtmYDrFrqaQRaj+bHzolZ1YZkDBWtqQhc/X3REYjrSdRYDsjakZ62ZuJ/3nd1ITXfsZlkhqUbLEoTAUxMZl9TQZcITNiYgllittbCRtRRZmx2ZRsCN7yy6ukdVH13KrXuKzUbvI4inACp3AOHlxBDe6hDk1ggPAMr/DmPDovzrvzsWgtOPnMMfyB8/kDmO2MyQ==</latexit>

Continuum of modes

Isolated modes

Landau parameters  
play role of bond disorder



Even parity modes

Another sound

F0 > 0
<latexit sha1_base64="Yw2I2umQODIBtNiEIE76cPiQ7qU=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgrWFdinZdLYNzWaXJCuU0h/hxYMiXv093vw3pu0etPXBwOO9GWbmhakUxlL67RVWVtfWN4qbpa3tnd298v7Bo0kyzbHBE5noVsgMSqGwYYWV2Eo1sjiU2AyHN1O/+YTaiEQ92FGKQcz6SkSCM+uk5m2XkitKuuUKrdIZyDLxc1KBHPVu+avTS3gWo7JcMmPaPk1tMGbaCi5xUupkBlPGh6yPbUcVi9EE49m5E3LilB6JEu1KWTJTf0+MWWzMKA5dZ8zswCx6U/E/r53Z6DIYC5VmFhWfL4oySWxCpr+TntDIrRw5wrgW7lbCB0wzbl1CJReCv/jyMnk8q/q06t+fV2rXeRxFOIJjOAUfLqAGd1CHBnAYwjO8wpuXei/eu/cxby14+cwh/IH3+QNd045D</latexit><latexit sha1_base64="Yw2I2umQODIBtNiEIE76cPiQ7qU=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgrWFdinZdLYNzWaXJCuU0h/hxYMiXv093vw3pu0etPXBwOO9GWbmhakUxlL67RVWVtfWN4qbpa3tnd298v7Bo0kyzbHBE5noVsgMSqGwYYWV2Eo1sjiU2AyHN1O/+YTaiEQ92FGKQcz6SkSCM+uk5m2XkitKuuUKrdIZyDLxc1KBHPVu+avTS3gWo7JcMmPaPk1tMGbaCi5xUupkBlPGh6yPbUcVi9EE49m5E3LilB6JEu1KWTJTf0+MWWzMKA5dZ8zswCx6U/E/r53Z6DIYC5VmFhWfL4oySWxCpr+TntDIrRw5wrgW7lbCB0wzbl1CJReCv/jyMnk8q/q06t+fV2rXeRxFOIJjOAUfLqAGd1CHBnAYwjO8wpuXei/eu/cxby14+cwh/IH3+QNd045D</latexit><latexit sha1_base64="Yw2I2umQODIBtNiEIE76cPiQ7qU=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgrWFdinZdLYNzWaXJCuU0h/hxYMiXv093vw3pu0etPXBwOO9GWbmhakUxlL67RVWVtfWN4qbpa3tnd298v7Bo0kyzbHBE5noVsgMSqGwYYWV2Eo1sjiU2AyHN1O/+YTaiEQ92FGKQcz6SkSCM+uk5m2XkitKuuUKrdIZyDLxc1KBHPVu+avTS3gWo7JcMmPaPk1tMGbaCi5xUupkBlPGh6yPbUcVi9EE49m5E3LilB6JEu1KWTJTf0+MWWzMKA5dZ8zswCx6U/E/r53Z6DIYC5VmFhWfL4oySWxCpr+TntDIrRw5wrgW7lbCB0wzbl1CJReCv/jyMnk8q/q06t+fV2rXeRxFOIJjOAUfLqAGd1CHBnAYwjO8wpuXei/eu/cxby14+cwh/IH3+QNd045D</latexit><latexit sha1_base64="Yw2I2umQODIBtNiEIE76cPiQ7qU=">AAAB7nicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgrWFdinZdLYNzWaXJCuU0h/hxYMiXv093vw3pu0etPXBwOO9GWbmhakUxlL67RVWVtfWN4qbpa3tnd298v7Bo0kyzbHBE5noVsgMSqGwYYWV2Eo1sjiU2AyHN1O/+YTaiEQ92FGKQcz6SkSCM+uk5m2XkitKuuUKrdIZyDLxc1KBHPVu+avTS3gWo7JcMmPaPk1tMGbaCi5xUupkBlPGh6yPbUcVi9EE49m5E3LilB6JEu1KWTJTf0+MWWzMKA5dZ8zswCx6U/E/r53Z6DIYC5VmFhWfL4oySWxCpr+TntDIrRw5wrgW7lbCB0wzbl1CJReCv/jyMnk8q/q06t+fV2rXeRxFOIJjOAUfLqAGd1CHBnAYwjO8wpuXei/eu/cxby14+cwh/IH3+QNd045D</latexit>

Fl>0 = 0
<latexit sha1_base64="0yr8xcJ7dHVHlCey3wG0Yf8pZxA=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvgqWRF0ItSFMRjBfsB26Vk07QNzSZLMiuUpT/DiwdFvPprvPlvTNs9aOuDgcd7M8zMixIpLBDy7RVWVtfWN4qbpa3tnd298v5B0+rUMN5gWmrTjqjlUijeAAGStxPDaRxJ3opGt1O/9cSNFVo9wjjhYUwHSvQFo+Ck4K6byWsywVcEd8sVUiUz4GXi56SCctS75a9OT7M05gqYpNYGPkkgzKgBwSSflDqp5QllIzrggaOKxtyG2ezkCT5xSg/3tXGlAM/U3xMZja0dx5HrjCkM7aI3Ff/zghT6l2EmVJICV2y+qJ9KDBpP/8c9YTgDOXaEMiPcrZgNqaEMXEolF4K/+PIyaZ5VfVL1H84rtZs8jiI6QsfoFPnoAtXQPaqjBmJIo2f0it488F68d+9j3lrw8plD9Afe5w92xpAM</latexit><latexit sha1_base64="0yr8xcJ7dHVHlCey3wG0Yf8pZxA=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvgqWRF0ItSFMRjBfsB26Vk07QNzSZLMiuUpT/DiwdFvPprvPlvTNs9aOuDgcd7M8zMixIpLBDy7RVWVtfWN4qbpa3tnd298v5B0+rUMN5gWmrTjqjlUijeAAGStxPDaRxJ3opGt1O/9cSNFVo9wjjhYUwHSvQFo+Ck4K6byWsywVcEd8sVUiUz4GXi56SCctS75a9OT7M05gqYpNYGPkkgzKgBwSSflDqp5QllIzrggaOKxtyG2ezkCT5xSg/3tXGlAM/U3xMZja0dx5HrjCkM7aI3Ff/zghT6l2EmVJICV2y+qJ9KDBpP/8c9YTgDOXaEMiPcrZgNqaEMXEolF4K/+PIyaZ5VfVL1H84rtZs8jiI6QsfoFPnoAtXQPaqjBmJIo2f0it488F68d+9j3lrw8plD9Afe5w92xpAM</latexit><latexit sha1_base64="0yr8xcJ7dHVHlCey3wG0Yf8pZxA=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvgqWRF0ItSFMRjBfsB26Vk07QNzSZLMiuUpT/DiwdFvPprvPlvTNs9aOuDgcd7M8zMixIpLBDy7RVWVtfWN4qbpa3tnd298v5B0+rUMN5gWmrTjqjlUijeAAGStxPDaRxJ3opGt1O/9cSNFVo9wjjhYUwHSvQFo+Ck4K6byWsywVcEd8sVUiUz4GXi56SCctS75a9OT7M05gqYpNYGPkkgzKgBwSSflDqp5QllIzrggaOKxtyG2ezkCT5xSg/3tXGlAM/U3xMZja0dx5HrjCkM7aI3Ff/zghT6l2EmVJICV2y+qJ9KDBpP/8c9YTgDOXaEMiPcrZgNqaEMXEolF4K/+PIyaZ5VfVL1H84rtZs8jiI6QsfoFPnoAtXQPaqjBmJIo2f0it488F68d+9j3lrw8plD9Afe5w92xpAM</latexit><latexit sha1_base64="0yr8xcJ7dHVHlCey3wG0Yf8pZxA=">AAAB8nicbVBNSwMxEM3Wr1q/qh69BIvgqWRF0ItSFMRjBfsB26Vk07QNzSZLMiuUpT/DiwdFvPprvPlvTNs9aOuDgcd7M8zMixIpLBDy7RVWVtfWN4qbpa3tnd298v5B0+rUMN5gWmrTjqjlUijeAAGStxPDaRxJ3opGt1O/9cSNFVo9wjjhYUwHSvQFo+Ck4K6byWsywVcEd8sVUiUz4GXi56SCctS75a9OT7M05gqYpNYGPkkgzKgBwSSflDqp5QllIzrggaOKxtyG2ezkCT5xSg/3tXGlAM/U3xMZja0dx5HrjCkM7aI3Ff/zghT6l2EmVJICV2y+qJ9KDBpP/8c9YTgDOXaEMiPcrZgNqaEMXEolF4K/+PIyaZ5VfVL1H84rtZs8jiI6QsfoFPnoAtXQPaqjBmJIo2f0it488F68d+9j3lrw8plD9Afe5w92xpAM</latexit>

vF q(1 + F0)/2
<latexit sha1_base64="HIjrCiJRPOGeETFPFY4Fb+Anz04=">AAAB+HicbVDLSgNBEOyNrxgfWfXoZTAIESHuBkGPQSF4jGAekCzL7GQ2GTL7cGY2EJd8iRcPinj1U7z5N06SPWhiQUNR1U13lxdzJpVlfRu5tfWNza38dmFnd2+/aB4ctmSUCEKbJOKR6HhYUs5C2lRMcdqJBcWBx2nbG93O/PaYCsmi8EFNYuoEeBAynxGstOSaxbFbR4+obJ/XXevsouqaJatizYFWiZ2REmRouOZXrx+RJKChIhxL2bWtWDkpFooRTqeFXiJpjMkID2hX0xAHVDrp/PApOtVKH/mR0BUqNFd/T6Q4kHISeLozwGool72Z+J/XTZR/7aQsjBNFQ7JY5CccqQjNUkB9JihRfKIJJoLpWxEZYoGJ0lkVdAj28surpFWt2FbFvr8s1W6yOPJwDCdQBhuuoAZ30IAmEEjgGV7hzXgyXox342PRmjOymSP4A+PzB1/tkPA=</latexit><latexit sha1_base64="HIjrCiJRPOGeETFPFY4Fb+Anz04=">AAAB+HicbVDLSgNBEOyNrxgfWfXoZTAIESHuBkGPQSF4jGAekCzL7GQ2GTL7cGY2EJd8iRcPinj1U7z5N06SPWhiQUNR1U13lxdzJpVlfRu5tfWNza38dmFnd2+/aB4ctmSUCEKbJOKR6HhYUs5C2lRMcdqJBcWBx2nbG93O/PaYCsmi8EFNYuoEeBAynxGstOSaxbFbR4+obJ/XXevsouqaJatizYFWiZ2REmRouOZXrx+RJKChIhxL2bWtWDkpFooRTqeFXiJpjMkID2hX0xAHVDrp/PApOtVKH/mR0BUqNFd/T6Q4kHISeLozwGool72Z+J/XTZR/7aQsjBNFQ7JY5CccqQjNUkB9JihRfKIJJoLpWxEZYoGJ0lkVdAj28surpFWt2FbFvr8s1W6yOPJwDCdQBhuuoAZ30IAmEEjgGV7hzXgyXox342PRmjOymSP4A+PzB1/tkPA=</latexit><latexit sha1_base64="HIjrCiJRPOGeETFPFY4Fb+Anz04=">AAAB+HicbVDLSgNBEOyNrxgfWfXoZTAIESHuBkGPQSF4jGAekCzL7GQ2GTL7cGY2EJd8iRcPinj1U7z5N06SPWhiQUNR1U13lxdzJpVlfRu5tfWNza38dmFnd2+/aB4ctmSUCEKbJOKR6HhYUs5C2lRMcdqJBcWBx2nbG93O/PaYCsmi8EFNYuoEeBAynxGstOSaxbFbR4+obJ/XXevsouqaJatizYFWiZ2REmRouOZXrx+RJKChIhxL2bWtWDkpFooRTqeFXiJpjMkID2hX0xAHVDrp/PApOtVKH/mR0BUqNFd/T6Q4kHISeLozwGool72Z+J/XTZR/7aQsjBNFQ7JY5CccqQjNUkB9JihRfKIJJoLpWxEZYoGJ0lkVdAj28surpFWt2FbFvr8s1W6yOPJwDCdQBhuuoAZ30IAmEEjgGV7hzXgyXox342PRmjOymSP4A+PzB1/tkPA=</latexit><latexit sha1_base64="HIjrCiJRPOGeETFPFY4Fb+Anz04=">AAAB+HicbVDLSgNBEOyNrxgfWfXoZTAIESHuBkGPQSF4jGAekCzL7GQ2GTL7cGY2EJd8iRcPinj1U7z5N06SPWhiQUNR1U13lxdzJpVlfRu5tfWNza38dmFnd2+/aB4ctmSUCEKbJOKR6HhYUs5C2lRMcdqJBcWBx2nbG93O/PaYCsmi8EFNYuoEeBAynxGstOSaxbFbR4+obJ/XXevsouqaJatizYFWiZ2REmRouOZXrx+RJKChIhxL2bWtWDkpFooRTqeFXiJpjMkID2hX0xAHVDrp/PApOtVKH/mR0BUqNFd/T6Q4kHISeLozwGool72Z+J/XTZR/7aQsjBNFQ7JY5CccqQjNUkB9JihRfKIJJoLpWxEZYoGJ0lkVdAj28surpFWt2FbFvr8s1W6yOPJwDCdQBhuuoAZ30IAmEEjgGV7hzXgyXox342PRmjOymSP4A+PzB1/tkPA=</latexit>

Only one bond is defective:

Mapping between even and odd sector problems

l = 0
<latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit>

l = 1
<latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit>

l = 0
<latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit>

l = 1
<latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit>

l = 1
<latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit>

· · ·<latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit>

· · ·<latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit><latexit sha1_base64="C/ThE3LO0bsU2xdfe5suNCnJ9S4=">AAAB7XicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPRi8cK9gPaUDabTbt2kw27E6GE/gcvHhTx6v/x5r9x2+agrQ8GHu/NMDMvSKUw6LrfTmltfWNzq7xd2dnd2z+oHh61jco04y2mpNLdgBouRcJbKFDybqo5jQPJO8H4duZ3nrg2QiUPOEm5H9NhIiLBKFqp3WehQjOo1ty6OwdZJV5BalCgOah+9UPFspgnyCQ1pue5Kfo51SiY5NNKPzM8pWxMh7xnaUJjbvx8fu2UnFklJJHSthIkc/X3RE5jYyZxYDtjiiOz7M3E/7xehtG1n4skzZAnbLEoyiRBRWavk1BozlBOLKFMC3srYSOqKUMbUMWG4C2/vEraF3XPrXv3l7XGTRFHGU7gFM7BgytowB00oQUMHuEZXuHNUc6L8+58LFpLTjFzDH/gfP4ArlePLw==</latexit>

l = 2
<latexit sha1_base64="h7tPXZMvmPy3kk+LbJDUTkIORMs=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYjrWr9ccavuHGSVeDmpQI5Gv/zVG8QsjVAaJqjWXc9NjJ9RZTgTOC31Uo0JZWM6xK6lkkao/Wx+6pScWWVAwljZkobM1d8TGY20nkSB7YyoGellbyb+53VTE175GZdJalCyxaIwFcTEZPY3GXCFzIiJJZQpbm8lbEQVZcamU7IheMsvr5JWreq5Ve/+olK/yeMowgmcwjl4cAl1uIMGNIHBEJ7hFd4c4bw4787HorXg5DPH8AfO5w/HM41z</latexit><latexit sha1_base64="h7tPXZMvmPy3kk+LbJDUTkIORMs=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYjrWr9ccavuHGSVeDmpQI5Gv/zVG8QsjVAaJqjWXc9NjJ9RZTgTOC31Uo0JZWM6xK6lkkao/Wx+6pScWWVAwljZkobM1d8TGY20nkSB7YyoGellbyb+53VTE175GZdJalCyxaIwFcTEZPY3GXCFzIiJJZQpbm8lbEQVZcamU7IheMsvr5JWreq5Ve/+olK/yeMowgmcwjl4cAl1uIMGNIHBEJ7hFd4c4bw4787HorXg5DPH8AfO5w/HM41z</latexit><latexit sha1_base64="h7tPXZMvmPy3kk+LbJDUTkIORMs=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYjrWr9ccavuHGSVeDmpQI5Gv/zVG8QsjVAaJqjWXc9NjJ9RZTgTOC31Uo0JZWM6xK6lkkao/Wx+6pScWWVAwljZkobM1d8TGY20nkSB7YyoGellbyb+53VTE175GZdJalCyxaIwFcTEZPY3GXCFzIiJJZQpbm8lbEQVZcamU7IheMsvr5JWreq5Ve/+olK/yeMowgmcwjl4cAl1uIMGNIHBEJ7hFd4c4bw4787HorXg5DPH8AfO5w/HM41z</latexit><latexit sha1_base64="h7tPXZMvmPy3kk+LbJDUTkIORMs=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0mKoBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYjrWr9ccavuHGSVeDmpQI5Gv/zVG8QsjVAaJqjWXc9NjJ9RZTgTOC31Uo0JZWM6xK6lkkao/Wx+6pScWWVAwljZkobM1d8TGY20nkSB7YyoGellbyb+53VTE175GZdJalCyxaIwFcTEZPY3GXCFzIiJJZQpbm8lbEQVZcamU7IheMsvr5JWreq5Ve/+olK/yeMowgmcwjl4cAl1uIMGNIHBEJ7hFd4c4bw4787HorXg5DPH8AfO5w/HM41z</latexit>

Odd parity 
modes

Implies existence of collective mode 
 other than zero sound in model with 

non-zero:

{F0, F1}
<latexit sha1_base64="SA85NYGoFOYSzfCa/+07W5wwvoE=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBg5REBD0WheKxgv2AJITNdtsu3eyG3YlQQn+GFw+KePXXePPfuG1z0NYHA4/3ZpiZF6eCG3Ddb6e0tr6xuVXeruzs7u0fVA+POkZlmrI2VULpXkwME1yyNnAQrJdqRpJYsG48vpv53SemDVfyESYpCxMylHzAKQEr+UHejNyLZuQF06hac+vuHHiVeAWpoQKtqPoV9BXNEiaBCmKM77kphDnRwKlg00qQGZYSOiZD5lsqScJMmM9PnuIzq/TxQGlbEvBc/T2Rk8SYSRLbzoTAyCx7M/E/z89gcBPmXKYZMEkXiwaZwKDw7H/c55pREBNLCNXc3orpiGhCwaZUsSF4yy+vks5l3XPr3sNVrXFbxFFGJ+gUnSMPXaMGukct1EYUKfSMXtGbA86L8+58LFpLTjFzjP7A+fwBDEOQbw==</latexit><latexit sha1_base64="SA85NYGoFOYSzfCa/+07W5wwvoE=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBg5REBD0WheKxgv2AJITNdtsu3eyG3YlQQn+GFw+KePXXePPfuG1z0NYHA4/3ZpiZF6eCG3Ddb6e0tr6xuVXeruzs7u0fVA+POkZlmrI2VULpXkwME1yyNnAQrJdqRpJYsG48vpv53SemDVfyESYpCxMylHzAKQEr+UHejNyLZuQF06hac+vuHHiVeAWpoQKtqPoV9BXNEiaBCmKM77kphDnRwKlg00qQGZYSOiZD5lsqScJMmM9PnuIzq/TxQGlbEvBc/T2Rk8SYSRLbzoTAyCx7M/E/z89gcBPmXKYZMEkXiwaZwKDw7H/c55pREBNLCNXc3orpiGhCwaZUsSF4yy+vks5l3XPr3sNVrXFbxFFGJ+gUnSMPXaMGukct1EYUKfSMXtGbA86L8+58LFpLTjFzjP7A+fwBDEOQbw==</latexit><latexit sha1_base64="SA85NYGoFOYSzfCa/+07W5wwvoE=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBg5REBD0WheKxgv2AJITNdtsu3eyG3YlQQn+GFw+KePXXePPfuG1z0NYHA4/3ZpiZF6eCG3Ddb6e0tr6xuVXeruzs7u0fVA+POkZlmrI2VULpXkwME1yyNnAQrJdqRpJYsG48vpv53SemDVfyESYpCxMylHzAKQEr+UHejNyLZuQF06hac+vuHHiVeAWpoQKtqPoV9BXNEiaBCmKM77kphDnRwKlg00qQGZYSOiZD5lsqScJMmM9PnuIzq/TxQGlbEvBc/T2Rk8SYSRLbzoTAyCx7M/E/z89gcBPmXKYZMEkXiwaZwKDw7H/c55pREBNLCNXc3orpiGhCwaZUsSF4yy+vks5l3XPr3sNVrXFbxFFGJ+gUnSMPXaMGukct1EYUKfSMXtGbA86L8+58LFpLTjFzjP7A+fwBDEOQbw==</latexit><latexit sha1_base64="SA85NYGoFOYSzfCa/+07W5wwvoE=">AAAB8nicbVBNS8NAEN3Ur1q/qh69LBbBg5REBD0WheKxgv2AJITNdtsu3eyG3YlQQn+GFw+KePXXePPfuG1z0NYHA4/3ZpiZF6eCG3Ddb6e0tr6xuVXeruzs7u0fVA+POkZlmrI2VULpXkwME1yyNnAQrJdqRpJYsG48vpv53SemDVfyESYpCxMylHzAKQEr+UHejNyLZuQF06hac+vuHHiVeAWpoQKtqPoV9BXNEiaBCmKM77kphDnRwKlg00qQGZYSOiZD5lsqScJMmM9PnuIzq/TxQGlbEvBc/T2Rk8SYSRLbzoTAyCx7M/E/z89gcBPmXKYZMEkXiwaZwKDw7H/c55pREBNLCNXc3orpiGhCwaZUsSF4yy+vks5l3XPr3sNVrXFbxFFGJ+gUnSMPXaMGukct1EYUKfSMXtGbA86L8+58LFpLTjFzjP7A+fwBDEOQbw==</latexit>



Response functions

l = 0
<latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit><latexit sha1_base64="rtfocUZujlEgg4XtO+Y+uD0ziE0=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrt1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfEK41x</latexit> l = 1

<latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit>

Density Longitudinal 
Current

Even 
Modes

l = 1
<latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit><latexit sha1_base64="U4w5KTPrjsgVQl3bbc0DWUAN1Es=">AAAB6nicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqBeh6MVjRfsBbSib7aRdutmE3Y1QQn+CFw+KePUXefPfuG1z0NYHA4/3ZpiZFySCa+O6305hbX1jc6u4XdrZ3ds/KB8etXScKoZNFotYdQKqUXCJTcONwE6ikEaBwHYwvp357SdUmsfy0UwS9CM6lDzkjBorPYhrr1+uuFV3DrJKvJxUIEejX/7qDWKWRigNE1Trrucmxs+oMpwJnJZ6qcaEsjEdYtdSSSPUfjY/dUrOrDIgYaxsSUPm6u+JjEZaT6LAdkbUjPSyNxP/87qpCa/8jMskNSjZYlGYCmJiMvubDLhCZsTEEsoUt7cSNqKKMmPTKdkQvOWXV0nrouq5Ve/+slK/yeMowgmcwjl4UIM63EEDmsBgCM/wCm+OcF6cd+dj0Vpw8plj+APn8wfFr41y</latexit>

Odd  
modes

Transverse 
Current

Sharp peak in the transverse current-current correlation 
function with spectral weight:



Shear vs zero sound

Zero sound is longitudinal

j k q
<latexit sha1_base64="3MWktNq/vDOt3MnUsinm5xKNmx4=">AAACBHicbVBNS8NAEN3Ur1q/oh57WSyCp5KIoMeiF48V7Ac0oWy2k3btZhN3N0IJPXjxr3jxoIhXf4Q3/43bNAdtfTDweG+GmXlBwpnSjvNtlVZW19Y3ypuVre2d3T17/6Ct4lRSaNGYx7IbEAWcCWhppjl0EwkkCjh0gvHVzO88gFQsFrd6koAfkaFgIaNEG6lvVzMvCPHdFGMvIZJwDhzjXLuf9u2aU3dy4GXiFqSGCjT79pc3iGkagdCUE6V6rpNoPyNSM8phWvFSBQmhYzKEnqGCRKD8LH9iio+NMsBhLE0JjXP190RGIqUmUWA6I6JHatGbif95vVSHF37GRJJqEHS+KEw51jGeJYIHTALVfGIIoZKZWzEdmSyoNrlVTAju4svLpH1ad526e3NWa1wWcZRRFR2hE+Sic9RA16iJWoiiR/SMXtGb9WS9WO/Wx7y1ZBUzh+gPrM8fR0qXNQ==</latexit><latexit sha1_base64="3MWktNq/vDOt3MnUsinm5xKNmx4=">AAACBHicbVBNS8NAEN3Ur1q/oh57WSyCp5KIoMeiF48V7Ac0oWy2k3btZhN3N0IJPXjxr3jxoIhXf4Q3/43bNAdtfTDweG+GmXlBwpnSjvNtlVZW19Y3ypuVre2d3T17/6Ct4lRSaNGYx7IbEAWcCWhppjl0EwkkCjh0gvHVzO88gFQsFrd6koAfkaFgIaNEG6lvVzMvCPHdFGMvIZJwDhzjXLuf9u2aU3dy4GXiFqSGCjT79pc3iGkagdCUE6V6rpNoPyNSM8phWvFSBQmhYzKEnqGCRKD8LH9iio+NMsBhLE0JjXP190RGIqUmUWA6I6JHatGbif95vVSHF37GRJJqEHS+KEw51jGeJYIHTALVfGIIoZKZWzEdmSyoNrlVTAju4svLpH1ad526e3NWa1wWcZRRFR2hE+Sic9RA16iJWoiiR/SMXtGb9WS9WO/Wx7y1ZBUzh+gPrM8fR0qXNQ==</latexit><latexit sha1_base64="3MWktNq/vDOt3MnUsinm5xKNmx4=">AAACBHicbVBNS8NAEN3Ur1q/oh57WSyCp5KIoMeiF48V7Ac0oWy2k3btZhN3N0IJPXjxr3jxoIhXf4Q3/43bNAdtfTDweG+GmXlBwpnSjvNtlVZW19Y3ypuVre2d3T17/6Ct4lRSaNGYx7IbEAWcCWhppjl0EwkkCjh0gvHVzO88gFQsFrd6koAfkaFgIaNEG6lvVzMvCPHdFGMvIZJwDhzjXLuf9u2aU3dy4GXiFqSGCjT79pc3iGkagdCUE6V6rpNoPyNSM8phWvFSBQmhYzKEnqGCRKD8LH9iio+NMsBhLE0JjXP190RGIqUmUWA6I6JHatGbif95vVSHF37GRJJqEHS+KEw51jGeJYIHTALVfGIIoZKZWzEdmSyoNrlVTAju4svLpH1ad526e3NWa1wWcZRRFR2hE+Sic9RA16iJWoiiR/SMXtGb9WS9WO/Wx7y1ZBUzh+gPrM8fR0qXNQ==</latexit><latexit sha1_base64="3MWktNq/vDOt3MnUsinm5xKNmx4=">AAACBHicbVBNS8NAEN3Ur1q/oh57WSyCp5KIoMeiF48V7Ac0oWy2k3btZhN3N0IJPXjxr3jxoIhXf4Q3/43bNAdtfTDweG+GmXlBwpnSjvNtlVZW19Y3ypuVre2d3T17/6Ct4lRSaNGYx7IbEAWcCWhppjl0EwkkCjh0gvHVzO88gFQsFrd6koAfkaFgIaNEG6lvVzMvCPHdFGMvIZJwDhzjXLuf9u2aU3dy4GXiFqSGCjT79pc3iGkagdCUE6V6rpNoPyNSM8phWvFSBQmhYzKEnqGCRKD8LH9iio+NMsBhLE0JjXP190RGIqUmUWA6I6JHatGbif95vVSHF37GRJJqEHS+KEw51jGeJYIHTALVfGIIoZKZWzEdmSyoNrlVTAju4svLpH1ad526e3NWa1wWcZRRFR2hE+Sic9RA16iJWoiiR/SMXtGb9WS9WO/Wx7y1ZBUzh+gPrM8fR0qXNQ==</latexit>

Shear sound is purely transverse

j ? q
<latexit sha1_base64="ohahTjffA7yaxE8q2P4gwf/DM+g=">AAACAHicbVC7TsMwFHV4lvIKMDCwWFRITFWCkGCsYGEsEn1ITVQ57k1r6jjBdpCqKAu/wsIAQqx8Bht/g5tmgJYjXen4nHvle0+QcKa043xbS8srq2vrlY3q5tb2zq69t99WcSoptGjMY9kNiALOBLQ00xy6iQQSBRw6wfh66nceQSoWizs9ScCPyFCwkFGijdS3DzMvCPF9jrGXgEwwLt4Ped+uOXWnAF4kbklqqESzb395g5imEQhNOVGq5zqJ9jMiNaMc8qqXKkgIHZMh9AwVJALlZ8UBOT4xygCHsTQlNC7U3xMZiZSaRIHpjIgeqXlvKv7n9VIdXvoZE0mqQdDZR2HKsY7xNA08YBKo5hNDCJXM7IrpiEhCtcmsakJw509eJO2zuuvU3dvzWuOqjKOCjtAxOkUuukANdIOaqIUoytEzekVv1pP1Yr1bH7PWJaucOUB/YH3+ACamlXc=</latexit><latexit sha1_base64="ohahTjffA7yaxE8q2P4gwf/DM+g=">AAACAHicbVC7TsMwFHV4lvIKMDCwWFRITFWCkGCsYGEsEn1ITVQ57k1r6jjBdpCqKAu/wsIAQqx8Bht/g5tmgJYjXen4nHvle0+QcKa043xbS8srq2vrlY3q5tb2zq69t99WcSoptGjMY9kNiALOBLQ00xy6iQQSBRw6wfh66nceQSoWizs9ScCPyFCwkFGijdS3DzMvCPF9jrGXgEwwLt4Ped+uOXWnAF4kbklqqESzb395g5imEQhNOVGq5zqJ9jMiNaMc8qqXKkgIHZMh9AwVJALlZ8UBOT4xygCHsTQlNC7U3xMZiZSaRIHpjIgeqXlvKv7n9VIdXvoZE0mqQdDZR2HKsY7xNA08YBKo5hNDCJXM7IrpiEhCtcmsakJw509eJO2zuuvU3dvzWuOqjKOCjtAxOkUuukANdIOaqIUoytEzekVv1pP1Yr1bH7PWJaucOUB/YH3+ACamlXc=</latexit><latexit sha1_base64="ohahTjffA7yaxE8q2P4gwf/DM+g=">AAACAHicbVC7TsMwFHV4lvIKMDCwWFRITFWCkGCsYGEsEn1ITVQ57k1r6jjBdpCqKAu/wsIAQqx8Bht/g5tmgJYjXen4nHvle0+QcKa043xbS8srq2vrlY3q5tb2zq69t99WcSoptGjMY9kNiALOBLQ00xy6iQQSBRw6wfh66nceQSoWizs9ScCPyFCwkFGijdS3DzMvCPF9jrGXgEwwLt4Ped+uOXWnAF4kbklqqESzb395g5imEQhNOVGq5zqJ9jMiNaMc8qqXKkgIHZMh9AwVJALlZ8UBOT4xygCHsTQlNC7U3xMZiZSaRIHpjIgeqXlvKv7n9VIdXvoZE0mqQdDZR2HKsY7xNA08YBKo5hNDCJXM7IrpiEhCtcmsakJw509eJO2zuuvU3dvzWuOqjKOCjtAxOkUuukANdIOaqIUoytEzekVv1pP1Yr1bH7PWJaucOUB/YH3+ACamlXc=</latexit><latexit sha1_base64="ohahTjffA7yaxE8q2P4gwf/DM+g=">AAACAHicbVC7TsMwFHV4lvIKMDCwWFRITFWCkGCsYGEsEn1ITVQ57k1r6jjBdpCqKAu/wsIAQqx8Bht/g5tmgJYjXen4nHvle0+QcKa043xbS8srq2vrlY3q5tb2zq69t99WcSoptGjMY9kNiALOBLQ00xy6iQQSBRw6wfh66nceQSoWizs9ScCPyFCwkFGijdS3DzMvCPF9jrGXgEwwLt4Ped+uOXWnAF4kbklqqESzb395g5imEQhNOVGq5zqJ9jMiNaMc8qqXKkgIHZMh9AwVJALlZ8UBOT4xygCHsTQlNC7U3xMZiZSaRIHpjIgeqXlvKv7n9VIdXvoZE0mqQdDZR2HKsY7xNA08YBKo5hNDCJXM7IrpiEhCtcmsakJw509eJO2zuuvU3dvzWuOqjKOCjtAxOkUuukANdIOaqIUoytEzekVv1pP1Yr1bH7PWJaucOUB/YH3+ACamlXc=</latexit>

In metals zero sound is transformed 
into plasma mode

E /
p
|q|

<latexit sha1_base64="WUL2Ysj8EdGkXtMP2+dutQnq5R4=">AAACAnicbVDLSgMxFM34rPU16krcBIvgqsyIoMuiCC4r2Ad0hpJJM21oJkmTjFCmgxt/xY0LRdz6Fe78G9PHQlsPBA7n3MvNOZFkVBvP+3aWlldW19YLG8XNre2dXXdvv65FqjCpYcGEakZIE0Y5qRlqGGlKRVASMdKI+tdjv/FAlKaC35uhJGGCupzGFCNjpbZ7eBNIJaQRMNADZbJRFkQxHOSjvO2WvLI3AVwk/oyUwAzVtvsVdAROE8INZkjrlu9JE2ZIGYoZyYtBqolEuI+6pGUpRwnRYTaJkMMTq3RgLJR93MCJ+nsjQ4nWwySykwkyPT3vjcX/vFZq4sswo1ymhnA8PRSnDNrE4z5ghyqCDRtagrCi9q8Q95BC2NjWirYEfz7yIqmflX2v7N+dlypXszoK4Agcg1PggwtQAbegCmoAg0fwDF7Bm/PkvDjvzsd0dMmZ7RyAP3A+fwD9mpfN</latexit><latexit sha1_base64="WUL2Ysj8EdGkXtMP2+dutQnq5R4=">AAACAnicbVDLSgMxFM34rPU16krcBIvgqsyIoMuiCC4r2Ad0hpJJM21oJkmTjFCmgxt/xY0LRdz6Fe78G9PHQlsPBA7n3MvNOZFkVBvP+3aWlldW19YLG8XNre2dXXdvv65FqjCpYcGEakZIE0Y5qRlqGGlKRVASMdKI+tdjv/FAlKaC35uhJGGCupzGFCNjpbZ7eBNIJaQRMNADZbJRFkQxHOSjvO2WvLI3AVwk/oyUwAzVtvsVdAROE8INZkjrlu9JE2ZIGYoZyYtBqolEuI+6pGUpRwnRYTaJkMMTq3RgLJR93MCJ+nsjQ4nWwySykwkyPT3vjcX/vFZq4sswo1ymhnA8PRSnDNrE4z5ghyqCDRtagrCi9q8Q95BC2NjWirYEfz7yIqmflX2v7N+dlypXszoK4Agcg1PggwtQAbegCmoAg0fwDF7Bm/PkvDjvzsd0dMmZ7RyAP3A+fwD9mpfN</latexit><latexit sha1_base64="WUL2Ysj8EdGkXtMP2+dutQnq5R4=">AAACAnicbVDLSgMxFM34rPU16krcBIvgqsyIoMuiCC4r2Ad0hpJJM21oJkmTjFCmgxt/xY0LRdz6Fe78G9PHQlsPBA7n3MvNOZFkVBvP+3aWlldW19YLG8XNre2dXXdvv65FqjCpYcGEakZIE0Y5qRlqGGlKRVASMdKI+tdjv/FAlKaC35uhJGGCupzGFCNjpbZ7eBNIJaQRMNADZbJRFkQxHOSjvO2WvLI3AVwk/oyUwAzVtvsVdAROE8INZkjrlu9JE2ZIGYoZyYtBqolEuI+6pGUpRwnRYTaJkMMTq3RgLJR93MCJ+nsjQ4nWwySykwkyPT3vjcX/vFZq4sswo1ymhnA8PRSnDNrE4z5ghyqCDRtagrCi9q8Q95BC2NjWirYEfz7yIqmflX2v7N+dlypXszoK4Agcg1PggwtQAbegCmoAg0fwDF7Bm/PkvDjvzsd0dMmZ7RyAP3A+fwD9mpfN</latexit><latexit sha1_base64="WUL2Ysj8EdGkXtMP2+dutQnq5R4=">AAACAnicbVDLSgMxFM34rPU16krcBIvgqsyIoMuiCC4r2Ad0hpJJM21oJkmTjFCmgxt/xY0LRdz6Fe78G9PHQlsPBA7n3MvNOZFkVBvP+3aWlldW19YLG8XNre2dXXdvv65FqjCpYcGEakZIE0Y5qRlqGGlKRVASMdKI+tdjv/FAlKaC35uhJGGCupzGFCNjpbZ7eBNIJaQRMNADZbJRFkQxHOSjvO2WvLI3AVwk/oyUwAzVtvsVdAROE8INZkjrlu9JE2ZIGYoZyYtBqolEuI+6pGUpRwnRYTaJkMMTq3RgLJR93MCJ+nsjQ4nWwySykwkyPT3vjcX/vFZq4sswo1ymhnA8PRSnDNrE4z5ghyqCDRtagrCi9q8Q95BC2NjWirYEfz7yIqmflX2v7N+dlypXszoK4Agcg1PggwtQAbegCmoAg0fwDF7Bm/PkvDjvzsd0dMmZ7RyAP3A+fwD9mpfN</latexit>

Shear sound remains linearly  
dispersing in metals

E = v?|q|
<latexit sha1_base64="zowrEi+J0ioleNuU1Re2GVIPIZQ=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5KIoBuhKILLCvYBTQiT6aQdOpmMM5NCSbPwV9y4UMStv+HOv3HaZqGtBy4czrmXe+8JBaNKO863tbS8srq2Xtoob25t7+zae/tNlaQSkwZOWCLbIVKEUU4ammpG2kISFIeMtMLBzcRvDYlUNOEPeiSIH6MepxHFSBspsA9vr+AwyDxBpMjhOPPCCD7m48CuOFVnCrhI3IJUQIF6YH953QSnMeEaM6RUx3WE9jMkNcWM5GUvVUQgPEA90jGUo5goP5ven8MTo3RhlEhTXMOp+nsiQ7FSozg0nTHSfTXvTcT/vE6qo0s/o1ykmnA8WxSlDOoETsKAXSoJ1mxkCMKSmlsh7iOJsDaRlU0I7vzLi6R5VnWdqnt/XqldF3GUwBE4BqfABRegBu5AHTQABmPwDF7Bm/VkvVjv1sesdckqZg7AH1ifP5BYlc4=</latexit><latexit sha1_base64="zowrEi+J0ioleNuU1Re2GVIPIZQ=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5KIoBuhKILLCvYBTQiT6aQdOpmMM5NCSbPwV9y4UMStv+HOv3HaZqGtBy4czrmXe+8JBaNKO863tbS8srq2Xtoob25t7+zae/tNlaQSkwZOWCLbIVKEUU4ammpG2kISFIeMtMLBzcRvDYlUNOEPeiSIH6MepxHFSBspsA9vr+AwyDxBpMjhOPPCCD7m48CuOFVnCrhI3IJUQIF6YH953QSnMeEaM6RUx3WE9jMkNcWM5GUvVUQgPEA90jGUo5goP5ven8MTo3RhlEhTXMOp+nsiQ7FSozg0nTHSfTXvTcT/vE6qo0s/o1ykmnA8WxSlDOoETsKAXSoJ1mxkCMKSmlsh7iOJsDaRlU0I7vzLi6R5VnWdqnt/XqldF3GUwBE4BqfABRegBu5AHTQABmPwDF7Bm/VkvVjv1sesdckqZg7AH1ifP5BYlc4=</latexit><latexit sha1_base64="zowrEi+J0ioleNuU1Re2GVIPIZQ=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5KIoBuhKILLCvYBTQiT6aQdOpmMM5NCSbPwV9y4UMStv+HOv3HaZqGtBy4czrmXe+8JBaNKO863tbS8srq2Xtoob25t7+zae/tNlaQSkwZOWCLbIVKEUU4ammpG2kISFIeMtMLBzcRvDYlUNOEPeiSIH6MepxHFSBspsA9vr+AwyDxBpMjhOPPCCD7m48CuOFVnCrhI3IJUQIF6YH953QSnMeEaM6RUx3WE9jMkNcWM5GUvVUQgPEA90jGUo5goP5ven8MTo3RhlEhTXMOp+nsiQ7FSozg0nTHSfTXvTcT/vE6qo0s/o1ykmnA8WxSlDOoETsKAXSoJ1mxkCMKSmlsh7iOJsDaRlU0I7vzLi6R5VnWdqnt/XqldF3GUwBE4BqfABRegBu5AHTQABmPwDF7Bm/VkvVjv1sesdckqZg7AH1ifP5BYlc4=</latexit><latexit sha1_base64="zowrEi+J0ioleNuU1Re2GVIPIZQ=">AAAB/3icbVDLSsNAFJ34rPUVFdy4GSyCq5KIoBuhKILLCvYBTQiT6aQdOpmMM5NCSbPwV9y4UMStv+HOv3HaZqGtBy4czrmXe+8JBaNKO863tbS8srq2Xtoob25t7+zae/tNlaQSkwZOWCLbIVKEUU4ammpG2kISFIeMtMLBzcRvDYlUNOEPeiSIH6MepxHFSBspsA9vr+AwyDxBpMjhOPPCCD7m48CuOFVnCrhI3IJUQIF6YH953QSnMeEaM6RUx3WE9jMkNcWM5GUvVUQgPEA90jGUo5goP5ven8MTo3RhlEhTXMOp+nsiQ7FSozg0nTHSfTXvTcT/vE6qo0s/o1ykmnA8WxSlDOoETsKAXSoJ1mxkCMKSmlsh7iOJsDaRlU0I7vzLi6R5VnWdqnt/XqldF3GUwBE4BqfABRegBu5AHTQABmPwDF7Bm/VkvVjv1sesdckqZg7AH1ifP5BYlc4=</latexit>

q̂
<latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit>

q̂
<latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit><latexit sha1_base64="/UkTvC1/5jLZCKF2jS7wfzixA8w=">AAAB9XicbVDLSgNBEOyNrxhfUY9eBoPgKeyKoMegF48RzAOya5idzCZDZh/O9Cph2f/w4kERr/6LN//GSbIHTSxoKKq66e7yEyk02va3VVpZXVvfKG9WtrZ3dveq+wdtHaeK8RaLZay6PtVcioi3UKDk3URxGvqSd/zx9dTvPHKlRRzd4SThXkiHkQgEo2ike3dEMSOZ6wfkIc/71Zpdt2cgy8QpSA0KNPvVL3cQszTkETJJte45doJeRhUKJnlecVPNE8rGdMh7hkY05NrLZlfn5MQoAxLEylSEZKb+nshoqPUk9E1nSHGkF72p+J/XSzG49DIRJSnyiM0XBakkGJNpBGQgFGcoJ4ZQpoS5lbARVZShCapiQnAWX14m7bO6Y9ed2/Na46qIowxHcAyn4MAFNOAGmtACBgqe4RXerCfrxXq3PuatJauYOYQ/sD5/AFXvkmQ=</latexit>

vshear =
1 + F1

2
p
F1

<latexit sha1_base64="MCNmkYlUXDo5JNP6LOMuI7NRJg0=">AAACD3icbVDLSgMxFM3UV62vUZdugkURhDIpgm6EoiAuK9gHdIYhk2ba0MzDJFMow/yBG3/FjQtF3Lp159+YaWehrQcunJxzL7n3eDFnUlnWt1FaWl5ZXSuvVzY2t7Z3zN29towSQWiLRDwSXQ9LyllIW4opTruxoDjwOO14o+vc74ypkCwK79Ukpk6AByHzGcFKS655PHZTOaRYZPAS2r7AJEWnNy7K0jq05YNQaf7IXLNq1awp4CJBBamCAk3X/LL7EUkCGirCsZQ9ZMXKSbFQjHCaVexE0hiTER7QnqYhDqh00uk9GTzSSh/6kdAVKjhVf0+kOJByEni6M8BqKOe9XPzP6yXKv3BSFsaJoiGZfeQnHKoI5uHAPhOUKD7RBBPB9K6QDLEORekIKzoENH/yImnXa8iqobuzauOqiKMMDsAhOAEInIMGuAVN0AIEPIJn8ArejCfjxXg3PmatJaOY2Qd/YHz+ANhGm+Q=</latexit><latexit sha1_base64="MCNmkYlUXDo5JNP6LOMuI7NRJg0=">AAACD3icbVDLSgMxFM3UV62vUZdugkURhDIpgm6EoiAuK9gHdIYhk2ba0MzDJFMow/yBG3/FjQtF3Lp159+YaWehrQcunJxzL7n3eDFnUlnWt1FaWl5ZXSuvVzY2t7Z3zN29towSQWiLRDwSXQ9LyllIW4opTruxoDjwOO14o+vc74ypkCwK79Ukpk6AByHzGcFKS655PHZTOaRYZPAS2r7AJEWnNy7K0jq05YNQaf7IXLNq1awp4CJBBamCAk3X/LL7EUkCGirCsZQ9ZMXKSbFQjHCaVexE0hiTER7QnqYhDqh00uk9GTzSSh/6kdAVKjhVf0+kOJByEni6M8BqKOe9XPzP6yXKv3BSFsaJoiGZfeQnHKoI5uHAPhOUKD7RBBPB9K6QDLEORekIKzoENH/yImnXa8iqobuzauOqiKMMDsAhOAEInIMGuAVN0AIEPIJn8ArejCfjxXg3PmatJaOY2Qd/YHz+ANhGm+Q=</latexit><latexit sha1_base64="MCNmkYlUXDo5JNP6LOMuI7NRJg0=">AAACD3icbVDLSgMxFM3UV62vUZdugkURhDIpgm6EoiAuK9gHdIYhk2ba0MzDJFMow/yBG3/FjQtF3Lp159+YaWehrQcunJxzL7n3eDFnUlnWt1FaWl5ZXSuvVzY2t7Z3zN29towSQWiLRDwSXQ9LyllIW4opTruxoDjwOO14o+vc74ypkCwK79Ukpk6AByHzGcFKS655PHZTOaRYZPAS2r7AJEWnNy7K0jq05YNQaf7IXLNq1awp4CJBBamCAk3X/LL7EUkCGirCsZQ9ZMXKSbFQjHCaVexE0hiTER7QnqYhDqh00uk9GTzSSh/6kdAVKjhVf0+kOJByEni6M8BqKOe9XPzP6yXKv3BSFsaJoiGZfeQnHKoI5uHAPhOUKD7RBBPB9K6QDLEORekIKzoENH/yImnXa8iqobuzauOqiKMMDsAhOAEInIMGuAVN0AIEPIJn8ArejCfjxXg3PmatJaOY2Qd/YHz+ANhGm+Q=</latexit><latexit sha1_base64="MCNmkYlUXDo5JNP6LOMuI7NRJg0=">AAACD3icbVDLSgMxFM3UV62vUZdugkURhDIpgm6EoiAuK9gHdIYhk2ba0MzDJFMow/yBG3/FjQtF3Lp159+YaWehrQcunJxzL7n3eDFnUlnWt1FaWl5ZXSuvVzY2t7Z3zN29towSQWiLRDwSXQ9LyllIW4opTruxoDjwOO14o+vc74ypkCwK79Ukpk6AByHzGcFKS655PHZTOaRYZPAS2r7AJEWnNy7K0jq05YNQaf7IXLNq1awp4CJBBamCAk3X/LL7EUkCGirCsZQ9ZMXKSbFQjHCaVexE0hiTER7QnqYhDqh00uk9GTzSSh/6kdAVKjhVf0+kOJByEni6M8BqKOe9XPzP6yXKv3BSFsaJoiGZfeQnHKoI5uHAPhOUKD7RBBPB9K6QDLEORekIKzoENH/yImnXa8iqobuzauOqiKMMDsAhOAEInIMGuAVN0AIEPIJn8ArejCfjxXg3PmatJaOY2Qd/YHz+ANhGm+Q=</latexit>

vzero =
1 + F0p
1 + 2F0

<latexit sha1_base64="c1SONgoCv1bev47pF0bW8o7Bzmk=">AAACD3icbVDLSsNAFJ34rPUVdelmsCiCUJIi6EYoCuKygn1AE8JkOmmHTiZxZlKoIX/gxl9x40IRt27d+TdO2iy09cDAuefcy517/JhRqSzr21hYXFpeWS2tldc3Nre2zZ3dlowSgUkTRywSHR9JwignTUUVI51YEBT6jLT94VXut0dESBrxOzWOiRuiPqcBxUhpyTOPRl76QESUwQsnEAin9sm1Z2WpI++F0kUN5mXmmRWrak0A54ldkAoo0PDML6cX4SQkXGGGpOzaVqzcFAlFMSNZ2UkkiREeoj7paspRSKSbTu7J4KFWejCIhH5cwYn6eyJFoZTj0NedIVIDOevl4n9eN1HBuZtSHieKcDxdFCQMqgjm4cAeFQQrNtYEYUH1XyEeIB2L0hGWdQj27MnzpFWr2lbVvj2t1C+LOEpgHxyAY2CDM1AHN6ABmgCDR/AMXsGb8WS8GO/Gx7R1wShm9sAfGJ8/uvGbyw==</latexit><latexit sha1_base64="c1SONgoCv1bev47pF0bW8o7Bzmk=">AAACD3icbVDLSsNAFJ34rPUVdelmsCiCUJIi6EYoCuKygn1AE8JkOmmHTiZxZlKoIX/gxl9x40IRt27d+TdO2iy09cDAuefcy517/JhRqSzr21hYXFpeWS2tldc3Nre2zZ3dlowSgUkTRywSHR9JwignTUUVI51YEBT6jLT94VXut0dESBrxOzWOiRuiPqcBxUhpyTOPRl76QESUwQsnEAin9sm1Z2WpI++F0kUN5mXmmRWrak0A54ldkAoo0PDML6cX4SQkXGGGpOzaVqzcFAlFMSNZ2UkkiREeoj7paspRSKSbTu7J4KFWejCIhH5cwYn6eyJFoZTj0NedIVIDOevl4n9eN1HBuZtSHieKcDxdFCQMqgjm4cAeFQQrNtYEYUH1XyEeIB2L0hGWdQj27MnzpFWr2lbVvj2t1C+LOEpgHxyAY2CDM1AHN6ABmgCDR/AMXsGb8WS8GO/Gx7R1wShm9sAfGJ8/uvGbyw==</latexit><latexit sha1_base64="c1SONgoCv1bev47pF0bW8o7Bzmk=">AAACD3icbVDLSsNAFJ34rPUVdelmsCiCUJIi6EYoCuKygn1AE8JkOmmHTiZxZlKoIX/gxl9x40IRt27d+TdO2iy09cDAuefcy517/JhRqSzr21hYXFpeWS2tldc3Nre2zZ3dlowSgUkTRywSHR9JwignTUUVI51YEBT6jLT94VXut0dESBrxOzWOiRuiPqcBxUhpyTOPRl76QESUwQsnEAin9sm1Z2WpI++F0kUN5mXmmRWrak0A54ldkAoo0PDML6cX4SQkXGGGpOzaVqzcFAlFMSNZ2UkkiREeoj7paspRSKSbTu7J4KFWejCIhH5cwYn6eyJFoZTj0NedIVIDOevl4n9eN1HBuZtSHieKcDxdFCQMqgjm4cAeFQQrNtYEYUH1XyEeIB2L0hGWdQj27MnzpFWr2lbVvj2t1C+LOEpgHxyAY2CDM1AHN6ABmgCDR/AMXsGb8WS8GO/Gx7R1wShm9sAfGJ8/uvGbyw==</latexit><latexit sha1_base64="c1SONgoCv1bev47pF0bW8o7Bzmk=">AAACD3icbVDLSsNAFJ34rPUVdelmsCiCUJIi6EYoCuKygn1AE8JkOmmHTiZxZlKoIX/gxl9x40IRt27d+TdO2iy09cDAuefcy517/JhRqSzr21hYXFpeWS2tldc3Nre2zZ3dlowSgUkTRywSHR9JwignTUUVI51YEBT6jLT94VXut0dESBrxOzWOiRuiPqcBxUhpyTOPRl76QESUwQsnEAin9sm1Z2WpI++F0kUN5mXmmRWrak0A54ldkAoo0PDML6cX4SQkXGGGpOzaVqzcFAlFMSNZ2UkkiREeoj7paspRSKSbTu7J4KFWejCIhH5cwYn6eyJFoZTj0NedIVIDOevl4n9eN1HBuZtSHieKcDxdFCQMqgjm4cAeFQQrNtYEYUH1XyEeIB2L0hGWdQj27MnzpFWr2lbVvj2t1C+LOEpgHxyAY2CDM1AHN6ABmgCDR/AMXsGb8WS8GO/Gx7R1wShm9sAfGJ8/uvGbyw==</latexit>

F0 > 0
<latexit sha1_base64="/jbCUyI0s7W44eBYkR3gVwPL9rQ=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxmL87ZVWVtfWN8qbla3tnd296v7Bo0kyTVlAE5HodkQME1yxwHIrWDvVjMhIsFY0upn6rSemDU/Ugx2nLJRkoHjMKbFOCm57+Ar3qjVcxzOgZeIXpAYFmr3qV7ef0EwyZakgxnR8nNowJ9pyKtik0s0MSwkdkQHrOKqIZCbMZ8dO0IlT+ihOtCtl0Uz9PZETacxYRq5TEjs0i95U/M/rZDa+DHOu0swyReeL4kwgm6Dp56jPNaNWjB0hVHN3K6JDogm1Lp+KC8FffHmZPJ7VfVz3789rjesijjIcwTGcgg8X0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fsHKN7w==</latexit><latexit sha1_base64="/jbCUyI0s7W44eBYkR3gVwPL9rQ=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxmL87ZVWVtfWN8qbla3tnd296v7Bo0kyTVlAE5HodkQME1yxwHIrWDvVjMhIsFY0upn6rSemDU/Ugx2nLJRkoHjMKbFOCm57+Ar3qjVcxzOgZeIXpAYFmr3qV7ef0EwyZakgxnR8nNowJ9pyKtik0s0MSwkdkQHrOKqIZCbMZ8dO0IlT+ihOtCtl0Uz9PZETacxYRq5TEjs0i95U/M/rZDa+DHOu0swyReeL4kwgm6Dp56jPNaNWjB0hVHN3K6JDogm1Lp+KC8FffHmZPJ7VfVz3789rjesijjIcwTGcgg8X0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fsHKN7w==</latexit><latexit sha1_base64="/jbCUyI0s7W44eBYkR3gVwPL9rQ=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxmL87ZVWVtfWN8qbla3tnd296v7Bo0kyTVlAE5HodkQME1yxwHIrWDvVjMhIsFY0upn6rSemDU/Ugx2nLJRkoHjMKbFOCm57+Ar3qjVcxzOgZeIXpAYFmr3qV7ef0EwyZakgxnR8nNowJ9pyKtik0s0MSwkdkQHrOKqIZCbMZ8dO0IlT+ihOtCtl0Uz9PZETacxYRq5TEjs0i95U/M/rZDa+DHOu0swyReeL4kwgm6Dp56jPNaNWjB0hVHN3K6JDogm1Lp+KC8FffHmZPJ7VfVz3789rjesijjIcwTGcgg8X0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fsHKN7w==</latexit><latexit sha1_base64="/jbCUyI0s7W44eBYkR3gVwPL9rQ=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU8mKoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxmL87ZVWVtfWN8qbla3tnd296v7Bo0kyTVlAE5HodkQME1yxwHIrWDvVjMhIsFY0upn6rSemDU/Ugx2nLJRkoHjMKbFOCm57+Ar3qjVcxzOgZeIXpAYFmr3qV7ef0EwyZakgxnR8nNowJ9pyKtik0s0MSwkdkQHrOKqIZCbMZ8dO0IlT+ihOtCtl0Uz9PZETacxYRq5TEjs0i95U/M/rZDa+DHOu0swyReeL4kwgm6Dp56jPNaNWjB0hVHN3K6JDogm1Lp+KC8FffHmZPJ7VfVz3789rjesijjIcwTGcgg8X0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fsHKN7w==</latexit> F1 > 1

<latexit sha1_base64="S2mtoJZvDYl9Ur7HjlT8GJBvLCI=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU9mIoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxvr+t1daWV1b3yhvVra2d3b3qvsHjybJNGUBTUSi2xExTHDFAsutYO1UMyIjwVrR6Gbqt56YNjxRD3acslCSgeIxp8Q6Kbjt4Svcq9b8uj8DWia4IDUo0OxVv7r9hGaSKUsFMaaD/dSGOdGWU8EmlW5mWEroiAxYx1FFJDNhPjt2gk6c0kdxol0pi2bq74mcSGPGMnKdktihWfSm4n9eJ7PxZZhzlWaWKTpfFGcC2QRNP0d9rhm1YuwIoZq7WxEdEk2odflUXAh48eVl8nhWx34d35/XGtdFHGU4gmM4BQwX0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fs3yN8Q==</latexit><latexit sha1_base64="S2mtoJZvDYl9Ur7HjlT8GJBvLCI=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU9mIoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxvr+t1daWV1b3yhvVra2d3b3qvsHjybJNGUBTUSi2xExTHDFAsutYO1UMyIjwVrR6Gbqt56YNjxRD3acslCSgeIxp8Q6Kbjt4Svcq9b8uj8DWia4IDUo0OxVv7r9hGaSKUsFMaaD/dSGOdGWU8EmlW5mWEroiAxYx1FFJDNhPjt2gk6c0kdxol0pi2bq74mcSGPGMnKdktihWfSm4n9eJ7PxZZhzlWaWKTpfFGcC2QRNP0d9rhm1YuwIoZq7WxEdEk2odflUXAh48eVl8nhWx34d35/XGtdFHGU4gmM4BQwX0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fs3yN8Q==</latexit><latexit sha1_base64="S2mtoJZvDYl9Ur7HjlT8GJBvLCI=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU9mIoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxvr+t1daWV1b3yhvVra2d3b3qvsHjybJNGUBTUSi2xExTHDFAsutYO1UMyIjwVrR6Gbqt56YNjxRD3acslCSgeIxp8Q6Kbjt4Svcq9b8uj8DWia4IDUo0OxVv7r9hGaSKUsFMaaD/dSGOdGWU8EmlW5mWEroiAxYx1FFJDNhPjt2gk6c0kdxol0pi2bq74mcSGPGMnKdktihWfSm4n9eJ7PxZZhzlWaWKTpfFGcC2QRNP0d9rhm1YuwIoZq7WxEdEk2odflUXAh48eVl8nhWx34d35/XGtdFHGU4gmM4BQwX0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fs3yN8Q==</latexit><latexit sha1_base64="S2mtoJZvDYl9Ur7HjlT8GJBvLCI=">AAAB7HicbVBNSwMxEJ2tX7V+VT16CRbBU9mIoCcpCuKxgmsL7VKyabYNTbJLkhXK0t/gxYMiXv1B3vw3pu0etPXBwOO9GWbmRangxvr+t1daWV1b3yhvVra2d3b3qvsHjybJNGUBTUSi2xExTHDFAsutYO1UMyIjwVrR6Gbqt56YNjxRD3acslCSgeIxp8Q6Kbjt4Svcq9b8uj8DWia4IDUo0OxVv7r9hGaSKUsFMaaD/dSGOdGWU8EmlW5mWEroiAxYx1FFJDNhPjt2gk6c0kdxol0pi2bq74mcSGPGMnKdktihWfSm4n9eJ7PxZZhzlWaWKTpfFGcC2QRNP0d9rhm1YuwIoZq7WxEdEk2odflUXAh48eVl8nhWx34d35/XGtdFHGU4gmM4BQwX0IA7aEIAFDg8wyu8ecp78d69j3lryStmDuEPvM8fs3yN8Q==</latexit>



Shear sound 2D vs 3D
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Shear sound was attempted to be measured in 3D Helium in 70’s but 
results remained controversial (too close to ph continuum):

It should be easier in 2D fermi liquids. It should be 
present in metals as well.

v2Dshear ⇠
p
F1

2
<latexit sha1_base64="XOpbzTcjpApGzBF++gQoSJnqwyU=">AAACEXicbVDLSsNAFJ3UV62vqEs3g0XoqiRF0GVREZcV7AOaGibTSTt0Mokzk0IZ8gtu/BU3LhRx686df+O0zUJbD1w4nHMv994TJIxK5TjfVmFldW19o7hZ2tre2d2z9w9aMk4FJk0cs1h0AiQJo5w0FVWMdBJBUBQw0g5Gl1O/PSZC0pjfqUlCehEacBpSjJSRfLsy9rUcEiSye127yqAnaQS9UCCsPfkglL723SzTtcy3y07VmQEuEzcnZZCj4dtfXj/GaUS4wgxJ2XWdRPU0EopiRrKSl0qSIDxCA9I1lKOIyJ6efZTBE6P0YRgLU1zBmfp7QqNIykkUmM4IqaFc9Kbif143VeF5T1OepIpwPF8UpgyqGE7jgX0qCFZsYgjCgppbIR4iE4cyIZZMCO7iy8ukVau6TtW9PS3XL/I4iuAIHIMKcMEZqIMb0ABNgMEjeAav4M16sl6sd+tj3lqw8plD8AfW5w8v6p3a</latexit><latexit sha1_base64="XOpbzTcjpApGzBF++gQoSJnqwyU=">AAACEXicbVDLSsNAFJ3UV62vqEs3g0XoqiRF0GVREZcV7AOaGibTSTt0Mokzk0IZ8gtu/BU3LhRx686df+O0zUJbD1w4nHMv994TJIxK5TjfVmFldW19o7hZ2tre2d2z9w9aMk4FJk0cs1h0AiQJo5w0FVWMdBJBUBQw0g5Gl1O/PSZC0pjfqUlCehEacBpSjJSRfLsy9rUcEiSye127yqAnaQS9UCCsPfkglL723SzTtcy3y07VmQEuEzcnZZCj4dtfXj/GaUS4wgxJ2XWdRPU0EopiRrKSl0qSIDxCA9I1lKOIyJ6efZTBE6P0YRgLU1zBmfp7QqNIykkUmM4IqaFc9Kbif143VeF5T1OepIpwPF8UpgyqGE7jgX0qCFZsYgjCgppbIR4iE4cyIZZMCO7iy8ukVau6TtW9PS3XL/I4iuAIHIMKcMEZqIMb0ABNgMEjeAav4M16sl6sd+tj3lqw8plD8AfW5w8v6p3a</latexit><latexit sha1_base64="XOpbzTcjpApGzBF++gQoSJnqwyU=">AAACEXicbVDLSsNAFJ3UV62vqEs3g0XoqiRF0GVREZcV7AOaGibTSTt0Mokzk0IZ8gtu/BU3LhRx686df+O0zUJbD1w4nHMv994TJIxK5TjfVmFldW19o7hZ2tre2d2z9w9aMk4FJk0cs1h0AiQJo5w0FVWMdBJBUBQw0g5Gl1O/PSZC0pjfqUlCehEacBpSjJSRfLsy9rUcEiSye127yqAnaQS9UCCsPfkglL723SzTtcy3y07VmQEuEzcnZZCj4dtfXj/GaUS4wgxJ2XWdRPU0EopiRrKSl0qSIDxCA9I1lKOIyJ6efZTBE6P0YRgLU1zBmfp7QqNIykkUmM4IqaFc9Kbif143VeF5T1OepIpwPF8UpgyqGE7jgX0qCFZsYgjCgppbIR4iE4cyIZZMCO7iy8ukVau6TtW9PS3XL/I4iuAIHIMKcMEZqIMb0ABNgMEjeAav4M16sl6sd+tj3lqw8plD8AfW5w8v6p3a</latexit><latexit sha1_base64="XOpbzTcjpApGzBF++gQoSJnqwyU=">AAACEXicbVDLSsNAFJ3UV62vqEs3g0XoqiRF0GVREZcV7AOaGibTSTt0Mokzk0IZ8gtu/BU3LhRx686df+O0zUJbD1w4nHMv994TJIxK5TjfVmFldW19o7hZ2tre2d2z9w9aMk4FJk0cs1h0AiQJo5w0FVWMdBJBUBQw0g5Gl1O/PSZC0pjfqUlCehEacBpSjJSRfLsy9rUcEiSye127yqAnaQS9UCCsPfkglL723SzTtcy3y07VmQEuEzcnZZCj4dtfXj/GaUS4wgxJ2XWdRPU0EopiRrKSl0qSIDxCA9I1lKOIyJ6efZTBE6P0YRgLU1zBmfp7QqNIykkUmM4IqaFc9Kbif143VeF5T1OepIpwPF8UpgyqGE7jgX0qCFZsYgjCgppbIR4iE4cyIZZMCO7iy8ukVau6TtW9PS3XL/I4iuAIHIMKcMEZqIMb0ABNgMEjeAav4M16sl6sd+tj3lqw8plD8AfW5w8v6p3a</latexit>

v3Dshear ⇠
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<latexit sha1_base64="NIEbNYwvtr2c/tsGQLVvpzI+llE=">AAACEnicbVC7TsMwFHV4lvIKMLJYVEiwVAkPwVgBQoxFog+pKZHjOq1Vxwm2U6my8g0s/AoLAwixMrHxN7htBmg50r06Oude2fcECaNSOc63NTe/sLi0XFgprq6tb2zaW9t1GacCkxqOWSyaAZKEUU5qiipGmokgKAoYaQT9y5HfGBAhaczv1DAh7Qh1OQ0pRspIvn048LXsESSye318lUFP0si0B6G0FwqE9bXvZto9zTLfLjllZww4S9yclECOqm9/eZ0YpxHhCjMkZct1EtXWSCiKGcmKXipJgnAfdUnLUI4iItt6fFIG943SgWEsTHEFx+rvDY0iKYdRYCYjpHpy2huJ/3mtVIXnbU15kirC8eShMGVQxXCUD+xQQbBiQ0MQFtT8FeIeMkkok2LRhOBOnzxL6kdl1ym7tyelykUeRwHsgj1wAFxwBirgBlRBDWDwCJ7BK3iznqwX6936mIzOWfnODvgD6/MHtX+eGQ==</latexit><latexit sha1_base64="NIEbNYwvtr2c/tsGQLVvpzI+llE=">AAACEnicbVC7TsMwFHV4lvIKMLJYVEiwVAkPwVgBQoxFog+pKZHjOq1Vxwm2U6my8g0s/AoLAwixMrHxN7htBmg50r06Oude2fcECaNSOc63NTe/sLi0XFgprq6tb2zaW9t1GacCkxqOWSyaAZKEUU5qiipGmokgKAoYaQT9y5HfGBAhaczv1DAh7Qh1OQ0pRspIvn048LXsESSye318lUFP0si0B6G0FwqE9bXvZto9zTLfLjllZww4S9yclECOqm9/eZ0YpxHhCjMkZct1EtXWSCiKGcmKXipJgnAfdUnLUI4iItt6fFIG943SgWEsTHEFx+rvDY0iKYdRYCYjpHpy2huJ/3mtVIXnbU15kirC8eShMGVQxXCUD+xQQbBiQ0MQFtT8FeIeMkkok2LRhOBOnzxL6kdl1ym7tyelykUeRwHsgj1wAFxwBirgBlRBDWDwCJ7BK3iznqwX6936mIzOWfnODvgD6/MHtX+eGQ==</latexit><latexit sha1_base64="NIEbNYwvtr2c/tsGQLVvpzI+llE=">AAACEnicbVC7TsMwFHV4lvIKMLJYVEiwVAkPwVgBQoxFog+pKZHjOq1Vxwm2U6my8g0s/AoLAwixMrHxN7htBmg50r06Oude2fcECaNSOc63NTe/sLi0XFgprq6tb2zaW9t1GacCkxqOWSyaAZKEUU5qiipGmokgKAoYaQT9y5HfGBAhaczv1DAh7Qh1OQ0pRspIvn048LXsESSye318lUFP0si0B6G0FwqE9bXvZto9zTLfLjllZww4S9yclECOqm9/eZ0YpxHhCjMkZct1EtXWSCiKGcmKXipJgnAfdUnLUI4iItt6fFIG943SgWEsTHEFx+rvDY0iKYdRYCYjpHpy2huJ/3mtVIXnbU15kirC8eShMGVQxXCUD+xQQbBiQ0MQFtT8FeIeMkkok2LRhOBOnzxL6kdl1ym7tyelykUeRwHsgj1wAFxwBirgBlRBDWDwCJ7BK3iznqwX6936mIzOWfnODvgD6/MHtX+eGQ==</latexit><latexit sha1_base64="NIEbNYwvtr2c/tsGQLVvpzI+llE=">AAACEnicbVC7TsMwFHV4lvIKMLJYVEiwVAkPwVgBQoxFog+pKZHjOq1Vxwm2U6my8g0s/AoLAwixMrHxN7htBmg50r06Oude2fcECaNSOc63NTe/sLi0XFgprq6tb2zaW9t1GacCkxqOWSyaAZKEUU5qiipGmokgKAoYaQT9y5HfGBAhaczv1DAh7Qh1OQ0pRspIvn048LXsESSye318lUFP0si0B6G0FwqE9bXvZto9zTLfLjllZww4S9yclECOqm9/eZ0YpxHhCjMkZct1EtXWSCiKGcmKXipJgnAfdUnLUI4iItt6fFIG943SgWEsTHEFx+rvDY0iKYdRYCYjpHpy2huJ/3mtVIXnbU15kirC8eShMGVQxXCUD+xQQbBiQ0MQFtT8FeIeMkkok2LRhOBOnzxL6kdl1ym7tyelykUeRwHsgj1wAFxwBirgBlRBDWDwCJ7BK3iznqwX6936mIzOWfnODvgD6/MHtX+eGQ==</latexit>



Shear sound and mass renormalization

Mode is expected to appear  
out of continuum when:

Mode is Landau damped in weakly interacting Fermi liquids

Mode is expected to appear  
when quasiparticles become twice as heavy:
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Large variety of systems with mass enhancement near critical 
points could host undamped shear sound:

• Overdoped metal in iron based superconductors (cuprates?)
• He3 adsorbed on graphite

• Quasi-2D heavy fermion materials (e.g. CeCoIn5) Settai et al.

Hashimoto et al.



Summary

Mode is expected to appear  
out of continuum when:

Mode is Landau damped in weakly interacting Fermi liquids

Mode is expected to appear  
when quasiparticles become twice as heavy:
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Large variety of systems with mass enhancement near critical 
points could host undamped shear sound:

• Over-doped metal in iron based superconductors (cuprates?)
• He3 adsorbed on graphite surface

• Quasi-2D heavy fermion materials (e.g. CeCoIn5)

arXiv:1806.04157
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The composite Fermi liquid
Consider spin-full electrons at
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Boson forms Laughlin state: Fermion forms fermi sea:
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Laughlin stateMott - CDW

U(1) spinon Fermi surface Composite Fermi liquid

State of b

Phase of electrons

Name of f Spinon Composite fermion



• Two components with rotated mass tensors rotated by          undergo a 
an analogue of the Stoner transition:

Ising Stoner Instability of Composite 
Fermion Metal

• Aluminum Arsenide 

⇡/2

mx/my ⇡ 5



The Hamiltonian of our study

mx/my 6= 1

Aluminum Arsenide: Two valleys 
with anisotropic mass

X

X 0

p ! p+A(r) !c =
B

p
mxmyN = 0LL

X

X 0

Landau level projection endows electrons with a “shape”

v0(q) =
2⇡e2

✏q veff (q) =
2⇡e2

✏q
Fi(q)F

⇤
j (q)

LL projection



Ground state polarization
Exact diagonalization on torus

Ne = 8

Ne = 10

Sz =
N1 �N2

2

No clear gap in spectrum



Numerics vs simple model

Trial wave function Exact diagonalization



Trial wave function

Exact diagonalization

Numerics vs simple model



DMRG phase diagram

Valley Stoner magnet:

DMRG results:



Connections with Aluminum Arsenide

X

X 0

Padmanabhan, Gokmen, and Shayegan PRB (2010)

N = 0LL

X

X 0

✏
E

Nearby FQH states appear 
to have spontaneous valley 
polarization:

⌫ = 1/2


